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Loi chuc Tet
Ban doc than mén!

S6 bao nay ctia Sputnik Newsletter dude phat hanh ding vao
ngay Mung mét Tét nim Pinh DAu 2017, nhu 14 mét mén qua nhé
kémumot 16i chic Tét chan thanh nhit giti dén ban doc. Chiic ban
mot nam méi hanh phiic, ¢6 nhiéu niém vui, tdn t6i trong hoc
tap, trong cong viée va cude séng!

Sputnik Newsletter dudc 14p ra nhim gép phan hién dai héa nén
gido duc Viét Nam theo huéng khai sang, khong gido diéu, gitp cho
tré em Viét Nam hoi nhap québc té, bat nhip dugc véi cude “cach mang
c6ng nghiép 14n thit tu” dang dién ra trén thé giéi.

Ciing chinh nhd cubc cic mang nay ma Sputnik Newsletter dé&
dang dén tay dugc moi ngudi, 6 cd noéng thon va thanh thi, trd thanh
mot tap chi clia cong déng, ma khong lang phi gidy muc.

Chung t6i mong nhdn dudc su ting ho ctia ban, dé cho tap chi
ngay cang phong phi, c6 ich 1én va dén tay dudc nhiéu ngudsi hon.
Moi thu tit va bai vé xin giti vé newsletter@sputnikedu.com.

Chtc mung nam méi binh Dau!

Ban bién tap Sputnik Newsletter



Nang toan hay nang thg?




DAy 1a mét trich doan tit Chuong 6 ctia cubn sach “bestseller” Toan hoc
va nghé thuat clia Nguyén Tién Diing (Ta sach Sputnik, sb 024). Xem:
http://sputnikedu.com/index.php/2017/01/11/toan-hoc-va-nghe-thuat/
Cé mét diém khac trong sach 1a: Bai tho “Pi” trong sach 1a ban dich tiéng

Anh, con & dy 13 ban dich tiéng Viét clia Nguyén Thai Linh.

Nha toan hay nha tho?

A Book of Verses underneath the Bough,
A Jug of Wine, A Loaf of Bread — and Thou
Beside me singing in the Wilderness —

Oh, Wilderness were Paradise enow!

Bbn ciu trén 13 mot bai the ctia Omar Khayyam viét bang tiéng
Persia (Iran) tu thé ky XI-XII, dudc Edward Fitzgerald (1809-1883)
dich sang tiéng Anh vao ntta sau thé ky XIX. Tam dich sang tiéng Viét:

Mbt cubn s6 tho dudi tdn cdy,

Chén rugu, mdu bdnh — véi nang day
Bén t6i dan hdt noi hoang dd —

Thién dudng hién hitu chén hoang nay!

Ong Omar Khayyam (1048-1131) ngudi Iran 1a mot trong nhiing
nha tho 16n nhét ctia ctia moi thdi dai. Nhitng bai tho ruba’i (mét thé
tho 4 cAu tiéng Persia) dudc dich ra nhiéu thit tiéng khac nhau, va
duoc ua chudng & khip moi noi trén thé giéi. Tit Nga cho dén My,
ngudi ta thudng xuyén trich din cac vAn tho va cac ciu néi ctia dng,
béi né vita trit tinh, vita mang triét 1y siu sic. Dich gid Thai B4 Tan
va nhiéu ngudi khéc ciing da ting dich tho 6ng sang tiéng Viét.
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Khu tuong trude Toa nha Lién Hiép Qudc tai Vienna tén vinh bén hoc gia

Iran: Khayyam (bén phai), Rhazes, Avicenna va Biruni.

Con déy la mot bai tho khac cia Khayyam, do nha tho Jean Lahor
(tén that 1a Henri Cazalis, 1840-1909) dich sang tiéng Phép:

Etreins bien ton amour, bois son regard si beau,
Et sa voix, et ses chants, avant que le tombeau
Te garde, pauvre amant, poussiére en la poussiere,

Sans chansons, sans chanteuse amie, et sans lumiere.
Ban dich tiéng Viét cua Lé Ngoc Mai:

Hdy 6m siét nang di, chang si tinh t6i nghiép
Ubng dnh mdt, 15i ca, giong ndi yéu thuong
5



R6i mét mai tro bui chang héa kiép
Duéi md sdu, chdng ban tinh, bai hdt, dnh duong

Khoéng ai biét Khayyam dé lam bao nhiéu bai tho ruba’i. Mét ban
dich tho 6ng sang tiéng Anh ctia Edward Henry Whinfield (1883)
gdm 500 bai. Ngoai ra con rt nhiéu bai khac, va ciing cé rit nhiéu

bai ma ngudi ta nghi ngd khéng biét c6 phai 6ng 1am khong hay ai
khac 1am r6i gan cho 6ng. Béi 16, thé gi6i ndy c6 xu huéng gan cho
nhitng nhan vt ndi tiéng ca nhitng thi khéng thude vé ho.

Trong s6 hang triéu ngudi biét
dén tho Khayyam, c6 1& chi c6 mot
ty 1& nhé biét ring 6ng dong thoi
cling la nha toan hoc va thién van
hoc xuét sic nhit trong thoi dai
ctia minh. Vao ndm 1070, khi méi
22 tudi, 6ng di viét mot quyén
sach toan hoc rit quan trong nhan
dé Chitng minh ctia cdc vén dé trong
dai s6, trong d6 ngudi ta di tim
thdy "tam gidc Pascal" (cac hé sb
cta "nhi thitc Newton") va phuong
phap hinh hoc d€ giai cac phuong
trinh dai sb bac 3 qua viéc 14y giao
diém ctia dudng tron véi dudng
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Séach ctia Khayyam c6 chita cach

giai phuong trinh béc 3.

parabola. Khayyam cling da dong gop vao viéc nghién cttu hinh hoc

phi Euclid v6i mét quyén sach viét nim 1077 nhan dé Gidi thich

nhitng khé khdn lién quan dén cdc tién dé trong sdch Co s&’ ciia Euclid.

Trong quyén sach dé, éng da chiing minh mot sb tinh chét cla cac
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hinh trong khéng gian phi Euclid (du chua biét ring khéng gian phi
Euclid ¢6 thuc su ton tai hay khong?).

O xit Persia, Omar Khayyam néi tiéng truéc hét véi tu cach mot
nha thién vin. Ong 1 ngusi da 1ap cac bang thién vin chi tiét (goi
la ephemerides, tinh vi tri cac "sao" trén troi), va da tinh dudc chinh
x4c mot nim mit troi bang 365,24219858156 ngay. Dua trén tinh
toan d6, éng da dé xuit mot cach tinh lich, goi 1a lich Jalali, dugc
vua Malik Shah thit nhét (1055-1092, lam vua tu ndm 1072) cua
Persia stt dung lam lich chinh thic tit nam 1075. Cach tinh lich ctia
Omar Khayyam con chinh xac hon la lich "Gregorian" (lich ma chiing
ta dang dung hién tai), do nhitng ngudi Thién chtia giao nghi ra 500
nam sau do.

Khéng chi riéng Omar Khayyam, ma rat nhiéu nha toan hoc (hay
khoa hoc tu nhién néi chung) khac ciing c6 tdm hon thi si. Quyén
truyén toan danh cho hoc sinh Ba ngay ¢ nudc T{ Hon ctia nha toan
hoc Vladimir Levshin c6 nhic dén mét bai tho bat hii Suy ngdm budi
chiéu vé su vi dai ctia Tao hda béng tiéng Nga ctia nha bac hoc Mikhail
Lomonosov, v6i doan ddu nhu sau (tam dich ra tién Viét):

Liic ban ngay mdt troi che khudt mdt
DPém vil tru tit sdu tham hién hinh

Khi nhiing tia ndng cubi cling da tdt
Man dém budng xubng bao pht nii ritng
Vite thdm mé ra, tran ddy sao sdng

S0 sao vo tan, vuc tham vo cung

(Hinh nén: Ling Omar Khayyam tai Nishapur (Iran) 13 mét c6ng trinh

kién tréic nghé thuat dam tinh thién vin, todn hoc va trit tinh.)



Nang toan hay nang thg?

Nhitng ngudi tit truée dén nay van coi 1a cac nha toan hoc thudng
khé khan sé khong khéi ngac nhién khi thdy nhiing phét biéu sau ctia
chinh cac nha toan hoc:

Nha todn hoc nao ma khéng phdi la mét nha tho theo nghia nao
dd, thi khong thé thanh mét nha todn hoc hoan hdo (... es ist wahr,
ein Mathematiker, der nicht etwas Poet ist, wird nimmer ein vol-
lkommener Mathematiker sein) - Karl Weierstrass (1815-1897), trong
thu gui Sofia Kovalevskaya, 27/08/1883.

Khong thé tré thanh nha todn hoc ma khéng ¢ tdm hén thi si. (It
is impossible to be a mathematician without being a poet in soul). —
Sofia Kovalevskaya (1850-1891), hoc tro ctia Karl Weirstrass va la nit
tién si toan hoc dAu tién ctia chau Au.

VAy tai sao cic nha toan hoc lai ¢6 "tAm hdn thi si'? D6 14 béi vi
to4n va tho c6 rit nhiéu diém gidng nhau.

Toan va tho déu hudng téi cai dep. Tat nhién, chi ¢é nhiing bai
tho hay méi con lai v6i thoi gian. Trong toan ciing vay. Cac cong trinh
toan hoc dude sang loc theo thoi gian, chi ¢6 nhiing gi dep dé, nhiéu
v nghia méi tru lai, trd thanh kinh dién. Nhu nha toan hoc Godfrey
H. Hardy (1877-1947) titng néi: "Khong c6 chd ditng ldu dai cho cdc
thit todn hoc xdu xt".

Toan va tho déu 13 sing tao. Mubn sang tao phai c6 cam hing.
Trong tho, ngudi ta néi vi von rang cadm hitng do "nang tha" (muse)
dem lai. Trong toan hoc, cdm hiing sé do "nang toan" dem lai. Thit
ra, nang todn va nang tho cing 13 mot nang, néu c¢6 khac nhau thi
chi1a 6 thoi diém va dbi tuong phuc vu.
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Trong toan hoc, két qua clia su sang tao khéng chi 1 nhitng dinh
ly méi, ma con c6 ca nhitng nganh toan hoc méi dudgc sinh ra theo
thoi gian. Trong tho ciling vy, nhitng thé loai tho méi cling dugc sinh
ra theo thoi gian va ngay cang tré nén quen thudc, chit cac nha tho
khéng nhét thiét phai 1am theo nhitng thé loai cii.

Bitc tuong "Fermat va Muse" hai hoa, cin dbi 6 Toulouse. Ngoai "dinh ly

160" va "dinh 1y nhé Phéc-ma" trong sb hoc, Fermat con 14 cha t6 cia ly

thuyét xac suét, phép tinh bién phan va hinh hoc giai tich.

Toan va tho déu doi héi tri tudng tuong phong phi, dau 6c cdi
mé sang tao, va déu cin st dung thanh thao ngén ngit, nim viing
ngli phap, luit 1é clia nd: ngdn ngit cta tho dua trén ngdn ngli thong
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thuong, con ngbén nglt riéng clia toan dung cac ky hiéu, khai niém
dic biét nhung ciing 1a mot thit ngdén ngit dung dé dién dat cac y
tudng.

C6 mét diém gibng nhau nita, va 1a diém dic biét quan trong,
gifta tho va toan. D6 1a su ¢6 dong. It 16i nhiéu y. Nhu nha the Robert
Browning (1821-1889) ngudi Anh c6 noi: "Toan bg tho la ddt cdi vo
han bén trong cdi hitu han" ("All poetry is putting the infinite within
the finite"). Triét gia Voltaire (1694-1778) ciing ting ndi: ""Mét diém
wu viét ctia tho la né néi dugc nhiéu diéu hon, vdi it tit hon, so vdi vdn
xuoi" ("Un mérite de la poésie, c’est qu'elle dit plus que la prose, et
en moins de paroles que la prose"). Toan hoc ciling vay, nhitng khai
niém va dinh 1y c6 thé rit ngin gon nhung rat téng quat, chita dung
"ca vii tru" trong d6. Chinh vi su ¢6 dong ma dé hiéu dudc toan hay
hiéu dudc tho 1a viéc khong phai ltc nao cling dé dang.

Bai thd vé sb Pi

Khéng chi ¢6 cac nha toan hoc thich lam
tho, ma cic nha tho cling c6 thé bi 16i cubn
béi nhitng diéu ki diéu trong toan hoc. Vi du
nhu chit 7 (pi) 1a mot chit cai Hy Lap "nho
bé", nhung sb = = 3,14159... 1a mot sb vo ty,
6 viét né mai, ra ca ngoai to gidy, rdi ra ca
ngoai vii tru, ciing khong bao gid hét dugc.

Diéu nay da dugc Wislawa Szymborska
(1923-2012), giai Nobel Vin hoc 1996, viét
thanh bai the nhan dé Pi ndm 1976. Duéi day ~ Wislawa Szymborska.
13 ban dich ctia Nguyén Thai Linh ti tiéng Ba Lan sang tiéng Viét.
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(Nguén: http://liliapl.blogspot.fr/2011/04/so-pi.html, dang lai v6i
su dong v cta dich gid)

TU

3.14159

265358979323
84626433832795
02884197169399375
1058209749443923078
164062862089986280
34825 7067982 8
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S6 Pi dang ngudng md biét bao.

Ba phdy mét bén mét.

Moi con s6 sau déu 1a sb khéi dau,

ndm chin hai, bdi n6 khéng bao gid két thuc.

N6 khong d€ ngudi ta nam dudc sdu ndm ba ndm bang mat,

tdm chin bang tinh toan,

bdy chin bang tri tudng tuong,

tham chi ba hai ba tdm bang tro dua, nghia la bang so sanh

bén sdu véi bat ¢t thit gi

hai sdu bbn ba trong thé giéi nay hét.

Con rin dai nhit trén doi két thic sau mudi miy mét.

Rén cb tich cling vy thoi, du c6 chit dai hon.

Chubi chit sb tao nén sb Pi

khéng diing lai bén mép gidy,

né c6 thé kéo dai ra ban, xuyén qua khéng khi,

qua nhiing bitc tudng, may , 14, t6 chim,

d4m théng vio biu trdi, qua moi v6-day va vo-bién.

Oi, dudi sao chdi ngin l1am sao, chi nhinh bang chudt nhat!

Tia sang ctia ngdi sao kia thét 1 yéu 6t, bi bé cong trong
moi khong gian!
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Con & day hai ba muoi lam ba trdm mudi chin

s6 dién thoai cta t6i sb 40 s6 mi ctia anh

niam mét nghin chin trdm bdy ba ting sdu

s6 dan cu sdu muoi ldm xu

vong héng hai ngén tay mat ma va trd choi db chi,
nai son ca ¢i hay bay nhay, véo von

va goi mdi niém tinh ling binh yén,

ca trn gian 14n thién dudng déu tréi qua hét,
nhung sb Pi thi khong, diéu d6 khong xay dén,

n6 van an nhién ndm

khéng chi tAm tAm tdm

vay vay bdy

né ctt thic, chao oi, né thic sy vinh ctiu U li ué oai

phai kéo dai.

Sach Toan hoc va Nghé thuat, 240 trang in mau trén gidy chit luong cao,

gia bia 110K (bia mém), 150K (bia cttng). Lién hé: shop@sputnikedu.com
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Cac ban tim doc:
B0 sach gogi mé cam hirng toan hoc Sputnik

G6i qua xuan Ggi mé cdm hitng todn hoc ctia Sputnik gébm c6 8
quyén sach rat hay sau day, trong d6 nhiéu sach da trd thanh kinh
dién, doc nhe nhang khéng cing thing ma hoc dude nhiéu thit vé
toan. Nhitng sach nay cé tac dung lam cho hoc sinh va ca ngudi 16n
trd nén yéu toan, ma mot khi da yéu thich mén gi thi hoc 4t sé nhanh
vao:

S001. Tahan Malba, Nhitng cuéc phiéu luu ctia Ngugi Thich Pém.
(Truyén c6 tich todn hoc da ban hang triéu ban trén thé giéi).

S002. Vladimir Levshin, Ba ngay & nudéc Ti Hon. (Sach gbi diu giudng
ctia bao thé hé).

S006. Lé Bich Phuong & Nguyén Tién Diing, Romeo di tim cong chiia
- 100 céu db vui héc bila. (Giai thudng ctia H6i XuAt Ban nim 2016).

S010. Levshin & Aleksandrova, Nguoi Mdt Na Pen tic nudc Al-Jabr.
(Truyén c6 tich toan hoc kinh dién).

S013. Jin Akiyama va Mari-Jo Ruiz, Mét ngay trong thé giéi todn hoc
ky diéu.

S016. Levshin & Aleksandrova, Tim s6 thit lac. (Truyén viét vé sb hoc,
rat vui nhon).

$020. Levshin, Thuyén trudng Pon Vi. (Sach truyén toan hoc ndi tiéng).

S024. Nguyén Tién Diing, Todn hoc va Nghé thudt.

(Xem gi6i thiéu chi tiét tiing sach trén trang web http://sputnikedu.com
hoac trong catalogue http://sputnikedu.com/SputnikCatalog.pdf)

Trong thang 2/2017, Sputnik Shop ban b sach 8 quyén nay véi gia
dic biét 500K VND va mién phi ship cho ban doc ctia Sputnik Newsletter.
Néu ban mubn mua bd sach ndy, xin gi email vé shop@sputnikedu.com
kém yéu ciu, dia chi va sb dién thoai.
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Van dé thoi gian trong toan
hoc ... va tai chinh

Pham Hi buc

GS. Pham Hi Dtc hién 1a cha nhiém chuong trinh Thac si nganh Toan
tai chinh cia mot trudng ky su tai Paris, va vién John Von Neumann (DHQG
TP HCM); cht tich HDKH chuong trinh Fmatlab cta VIASM (Vién Toan Cao
Clp). Trudce ting lang bat giang hé 1am k§ su tri tué nhan tao, vu trudng tin
dung qudc gia, giao dich vién san chiing khodn, gidm dbc tu vin & Pricewa-

terhouseCoopers, ddc nhiém bd Thanh tra ngin hang Phap & Basel.

Toi dang ngu thi bat day lac 4 gio.

Tét s4t lung rdi, thoi gian qua nhanh qua. Ngua phi thi gid qua...

Bt chot thiy mét 6ng gia rdu ba chdom ngén, tdc tai bac tring cit
tia sang trong, dling canh giudng trong béng toi.

- C6 phai anh di kiém cach niu kéo thoi gian bing Toan hoc
khong?

- Vang, thua cy, - ti vita chgt nhan ra béng 4n hién chinh 1a Emile
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Borel, mot nha toan Phap cung la cyu hoc sinh Louis Le Grand nhu
toi, nhung di truéc 100 nam - chau khong hai long véi khai niém
thoi gian theo vat 1y, chi 13 mét chiéu kich thuée nhu d6 dai, ngang,
cao. Chau ciing khong thich nhu cu Proust cung thoi véi cu, di kiém
qué khit qua vi banh qua bang. N6 thiéu yéu td bat ngd, thiéu su bat
dinh ctia tuong lai. . .

- Anh thy thoi gian do Vit
Ly dinh nghia khong 6n chtt gi?
Téi ciing thiy loai thoi gian d6
r6ng rudt, qua déu dian dén nbi
chan, va khong sinh dong.

- Da, chau theo cudc doi
dua ddy thanh giao dich vién
san chiing khoan. Nhitng dém
ngdi truc nhin chim chim cac
db hoa gi4 ca, hbi xut, thay d6i
lién tuc trén man hinh, chau
cadm nhédn thiy thoi gian troi
qua thi c6 kha ning lam tht ca
tuong lai mit tinh cich ngiu

nhién, va trd thanh mac dinh

Emile Borel (1971-1956): thai gian

thanh bb lac cta nhiing su cb.

trong qua kht. Nhung trong
khoang khic hién tai, thdi gian
nhu con chim sé bén canh ctia,
khi né vut bay, mét gidy truéc khong thé biét thoi co sé vit 1én cao
hay nhao xubng thap. LAm sao Toan hoc mé ta dudc nét vi diéu nay?

- f\y thé ma mén Toan, nhu mét hoa si tai ba, dd vé dang Thoi
gian nén mét btic tranh tinh x30. Anh c6 mubn biét thi ta din anh di
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xem, tung giai doan, qua 4 tay Tt dai Toan vuong!

- Truée hét ta can 1am cho thoi gian thanh mét vii tru ¢é sinh
hoat, c6 nhitng tic nhan s6ng trong d6. Vi vy ma chinh ta, Borel, vao
quing nim 1898, da sang lap thuyét cac BS lac Borel (hay Borelian;
ngudi ta con goi la sigma dai sb Borel). Gidi thiéu véi cau, dinh nghia
tit mét tip hop X, ta goi mét bo lac A 13 tAp hop cac phin clia X, vitng
vang 6n dinh (stable) qua phép 14y phén b va phép giao nhau.

- Nho d6 T6-p6 mdi cé khai niém limite (giéi han) va do do
duong thing R méi c6 cach do, nhit 14 khi di vao thé gi6i cang nhd.
Hon nita, tit cach cit ra 1am cac bd lac, ong Lebesgue méi khai quat
héa 1am ly thuyét do ludng (théorie de la mesure) d€ ta c6 thé tinh
nguyén ham trén cac thé khéng déng déu (non-homogéne), nhu thdi
gian chealng han. Vy 1a ta c6 thé cong, trit, nhan, chia, tinh dao ham,
nguyén ham trén cac khuc thoi gian (intervalle de temps). Tuy nhién
ta chura c6 cac phép toan trén cac thoi diém (instant dans le temps).

Khi cu Borel vita quay lung lai t6i thi btic tudng truée mét cu bién
thanh mot ritng rAm nhu & x1t Amazon. Cu vira x6ng xdo vet lum ciy
vira noi :

- Lic d4u ta kiém ra mét cach mé ta cac su cb trong thoi gian
béng cac yéu tb cia mét «vil tru». Nhung sau d6 c¢6 nhiéu doi héi
khac :

- Tru6c hét, cach dién ta thoi gian phai bude né di mot chiéu, khéc
v6i khong gian, trong R? ta d6i 4m thanh duong 1a c6 thé di ngudc
lai chiéu khéng gian, nhung cach toan héa thoi gian phai cAm ngit
diéu d6. Ta sé néi sau vé Entropy nhung anh cé thé mudng tuong
tinh chit bt kha thoai lui bit ngudn tit dinh nghia thdi gian nho . . .
thong tin!
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Tht hai, thoi gian phai cho phép tr6i mét cach khac nhau véi
nhiéu ngudi khac nhau. . .

- A véng, cu Einstein n6i dtia Thuyét Tuong Dbi nhu sau: mot
phtt ngdi canh ngudi dep bing mot tiéng ngdi canh ba gia. - Téi ngit
16i.

- ... thé nhung cai gi d4 xay ra roi thi phai bt kha tuong xing
v6i cac su kién «sai». Thi du anh b6 Nam Cham khong thé 14 13 Téng
théng M§ thit 42 hay 43, ma chi 14 45 théi! Phai ¢6 cach mo ta thoi
gian, cho phép cac tadc nhan trong dé nhin vii tru chi quan mot cach
khac nhau.

Pang vita di trong ritng vita néi chuyén thi chiing t6i sap bay.

Nguyén ca bo lac Borelian ntip san tif sau cac than ciy d6é nhao
ra tréi go ching t6i lai, bé vao ndi to, d6 thém tdi phi, hanh nuéng,
hdi qué va nuée dung. Ho bu quanh 16n x6n danh nhau ch.

Vita chim lda thi 14 ciy x3o xac, mot dao nhin tay trai cAm mot
cai vot loc that to, tay phai cAm mét cdy thude, bude ra. Ong ding
cay thuéce vé mot khong gian metric lam btia chung quanh chting toi.

- May qua, di c6 db dé ta, ciing thanh danh vang ddi véi thuyét
vé cac bd loc, Maurice Fréchet dén citu gia. Cu Borel vui ming la 1én.

Dao nhan Maurice Fréchet phit cai thudc mot cai, ca bd lac Bore-
lian quy xudng.

- Mot bd lac khéng c6 sip xép, chi «viing» (stable) véi phép lay
phan bu thoi. D& mé ta thoi gian, ta cn phai c6 thém khai niém cb
sip xép, trudc c6 sau, ddng nghia 14 c6 nhan qua: Ap dit mot bo loc
(filtration) trén mot bo lac (tribu) cho chiing ta sang loc dan chudi
nhitng cac khuén cta cac su cb, chiing dung nhau, Dung mét hinh

anh dé hifu hon, ta m6 ta cac mdi tuong quan béng lién hé me con,
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theo gia truyén.

- No6i cach khac, con phai
chita dung géne cua me. Mot
chudi chita dung géne clia cling
mét ba t6 sé hién thin cho
mot chudi su cb gdy truyén 14n
nhau di xubng dén su cb chau
chit goi 1a mét cai bd loc. Hé
théng loc do dé tao thém cho
mot vii tru 6 hop, hdn mang,
mot su «lich st hda», mot su
«qua trinh héa» tao ra kha nang
phén biét gi trude gi sau. Vi thé,

toi, Fréchet, t6i da dung bo lac
cia dan anh Borel ma xay dung  yj,yrice Fréchet (1878-1973) : hé
thém bo loc dé dan da dua ‘dén théng bd loc tao cAu tric thoi gian.
bd tdc cta thoi gian di truyén.

- Su khéng di chuyén gitta cac hdp nay sinh ra su khéng di ngudc
dong thai gian. Obama trong hop me, dé ra hép con dung chinh me
va thém con 13 Trump. B6 loc thdi gian khéng dung cac yéu tb, né chi
13 mét kién tric tritu tugng néu khong 4p dit trén mot tp hop. Thoi
gian vi réng nén day tuong lai. B lac di cu vao 1am cho diy yéu tb
nhung ta phai dung hé thdng loc d€ phén tich ai trudc ai sau, ai bao
gbm va ai bi dung, ai 14 nhén va ai 13 qua.

- Nhu thé, dt hiéu ta c6 thé dinh nghia mét bd loc thanh mét kién
triic hé théng, mét cach ddc 14p véi tip hop cac yéu tb. Nhu viée thoi
gian tréi ct trdi, ddc 14p véi lich st tét nube A hay x4u noi nuée B.
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Mot bo lac hén
mang ...

-Da, ...- tdi ngdp ngiing — chau thiy con thiéu thiéu ... Vira néi
toi vita nhin cai loc ctia cu Fréchet.

Dang bi bé trong ndi niu thit, sao t6i thiy cai loc iy gibng cai gia
v6t banh phé mét cach dang ngai . . .

- Toi chi gitip quy vi thé nay dudc thoi. - N6i xong cu Fréchet quay
ra ho khiu quyét: “Bo lac Borelian hay vao khuén bd loc Fréchet!”

Ngay lép titc, bd lac dang bu quanh néi nudc to stta soan 4n mén
«phd a la Borel», bi saing vao mét chudi cac khuén to bé dung nhau
thit tu, khuén bé dung me thi nam trong khuén to dung con, khuén
nhé nhit dung ba ngoai lai trong khuén bé dung me, v.v. .. That ding
sip xép vo6i nguyén ly thoi gian : qua khit 13 céi gi di trude, chd né
gap tuong lai thi dé ra hién tai, va ngudc lai tuong lai sé phai mang
d4u 4n khéng thé tranh cda hién tai cung quéa khit. Tra ng, tuong lai
13 cai gi nuodi dudng qua khit, cho phép qua khit con hién hién qua
mot ghi nhé.
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.. Ghép vio 2 bd loc c6 kha ning khac nhau ... trong dé dén thoi diém t,

chi con mot hién thuec.
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Maurice Fréchet n6i thém : “An ubng phai theo ton ti trat tu!”.

Thé 13 c& b6 toc phai tam thoi kién nhan 4n, chd kiém ra ai 1a cu
ba ting t8, va di nhién cu d6 & trong cai khudén nhd nhét, sdu cing
tAn nhét ... Ching t6i di dugc ban cho moét ti thoi gian séng thém.

Nuéc bit diu sbi. Maurice
Fréchet da vac bo vot loc va
ciy thuéc lac minh dung khinh
céng nhdy 1én diu ngon ciy,
thodt mit bién mét, bé mic su
t6 Borel va tdi ngdi trong noi.
Pting 14 cbt cach tién c6 khac!

- Kia, anh lam gi di cha ?! -
Cu Emile nhéc khé.

- Da ving, dé chau nghi ...

BAt chot dudng cung niy
sinh ra ¥ nghi dién r6: 1am sao
tit diém M ra diém P ma khong
phai bing quang dudng 4§ gitta,
tic la doan [MP] thi ta mdi
hong ra khoi thung nudc léo  Andrey Kolmogorov (1903-1987):
ma khéng cin ngudi cbi tréi.  xac suit lam thudc do ctia tuong lai
ROi t6i lién tudng dén hiéu ting chua dén.

Zener ap dung vio cac di-6t:
khi cac hat 4m t&t (électron) «xuyén» qua dudc mot giéng tiém luc
(potential well) ma khéng cé di ning luong dé «tréo» ra khéi giéng
do.

Tit d6 nhé ra nguyén ly cta vat 1y lugng ti: vat thé chi 1a gon

21



séng, ma binh phuong cta séng dé 13 ... do xac suét cta hién hitu,
theo nha vat ly David B6hm (1917-1992). Tém lai néu ta lam cht
duoc xac sudt, 13 ta lam chi duge van vat. VAt 1y luong t& phai quy
hang Toan tu do.

Gio su Kolmogorov di gian tiép nbi tay cac tién bdi bang cach dé
xudt bd tién dé dinh nghia thé nio tit mét tip hop X va tdp hop cac
phﬁn cta X, ta tao ra vl tru kha di do luéng dudc (espace mesurable),
va tit d6, do ca mot chudi loc bo lac 16n dan dién ta thoi gian tréi qua.

Trudce khi hién tai chua 16 mat thét, cac trang thai kha thi chi 1a
nhitng kha ning canh tranh nhau, va x4c suit do d6 yéu manh cta
ho. Khi hién tai dudc hién thuc, thi tht ca kha ning trit mot phut tit,
va ci phn tt cta bd loc tuong Ung su thit da hién thi, sé bao trum
14y céc «gia tién». Cac bo loc canh tranh thi bi gan cho sb do x4c suét
zéro.

Nam 1933 Andrey Kolmogorov xuét ban cubn Foundations of the
Theory of Probability khi dang la gido su tai Moscow State University.
Nhung sau d6 6ng tiép tuc di sdu vio giai tich x4c sut chit khong chi
dit nén tang thuyét 1y cho cach mé ta su may rui, su bit dinh bing
Toan.

Luc nguyén thuy, phuong trinh Chapman-Kolmogorov ap dung
khi ta 6 mo6t phan bbi bude (joint distribution) ctia mét sb cac diéu
ngau nhién v6i nhau. Ném na, né cho phép, dua trén cach tinh
nguyén ham ctia phan bdi toan phin bao trum tit cd, ma tinh ra
n — 1 phan bdi mép ban phan (marginal distribution) ma tinh ra xac
suét v6 diéu kién budc n — 1 phan bbi con lai.

Khi ta cho hién tai dudc mé ta véi xac sudt thit n, va qua kht da
cho ta n — 1 xac suét tai n — 1 thoi diém 1ui lai trong qua khd, thi
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phuong trinh nay thanh mét cach dién td mot chudi su ¢b ngiu nhién
dua ra cach tinh phén b ctia su ¢b cudi cling sip duge hién thuc.

Vi do, cach nghién cttu cac qua trinh Markov tré thanh vitng vang
v6i 16 tinh: néu mudn biét trang thai C' ra sao, khi ta khéi dau véi
trang thai A va biét chi c6 thé c6 N trang thai By, Bo, . .., By thi x4c
suét clia C bing t6ng sb cac xac suit tinh theo tit cd N con dudng di
qua cac B;.

Nho Kolmogorov, thdi gian thanh mét cai gi bao gom cai ngiu
nhién, nhung khong phai vi thé ma moi viéc déu bat dinh. Moi kha
ning nay c6 thé do ludng duge qua cach tinh toan bang xac suét, ké
ca nhitng chudi su cb ba ngoai, me, con, con gai, chau gai ... !

Theo y tudng dé, toi dinh bat chude Ton Ngd Khong “rung minh
bién phép” nhung cuc cwa mai ching thoat. “Théi rdi, minh nhu kién
bd miéng chén, sao khéi s6!” t6i tu than than.

Nghi dén day, bat giac t6i nghi dén ké ba ba phi thudng da giai
bai toan: mét con kién say rucu, di chin siéu da chan veo, sé b bao
nhiéu thoi gian dé ra khéi mot cai chén (hay mét cai dia), dudng kinh
R? cling nhu trong Tt Dai Phap Vuong, ngudi thi tu la mot phu nt,
thi trong Toan hoc vé thdi gian, nit kién tuéng Nicole El Karoui cfing
nim vai tro dé.

Mot loat dinh 1y clia ba tim ra, bic cAu, nbdi lién thoi gian va
khéng gian: khi ngudi ta ddu tu bé vbén vio mét viée c6 rii ro, nhu
mua chiing khoan, ma gia ca thi trdi sut theo mot nhip bién ddng cao
tn, thi ldc ndo nén rat lui? An bao nhiéu 13 4n gia, thé ndo 14 dn
non?

Tt 1981 dén 1994, ba El Karoui dua ra ciu tr 16i, ding cic bo
loc, qua thuyét martingale, gidi quyét din da cac tinh hudng va dua
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nganh toan tai chinh Phap 1én hang dau thé gi6i v6i cach tinh Optimal
Stopping Time. O Phd Wall, khi t6i cong tac cho Ngin hang Qubc gia
Phép, t6i d4 gdp kha nhiéu cuu sinh ctia ba. Nay ciing déi khi, ba qua
Viét Nam, ghé Vién Toan CAp cao & Ha noi, hay day mét tuin cho
Vién John Von Neumann & Dai Hoc Qudc Gia TP Hb Chi Minh.

Gio dy ngdi trong long ndi
v6i cu Borel, t6i nghi tiép dén
nhitng vin dé lién quan dén
Toan, thoi gian va tdi uu, nhu
phuong trinh Euler-Lagrange
vé tri gia cla su danh dum
nhin tiéu thu ngay hém nay dau

tu cho ngay mai, hodc phuong
trinh Hamilton-Jacobi vé sy bu  Nicole El Karoui (1944 -): gidi tich
trit gitta chip nhén nhiing cai ngau nhién trén danh gia thoi gian
“nhich” nhd dé€ tbi wu héa mot béng tién.
quy dao d€ 4y céi loi thé caa
tiing khic thoi gian bién chuyén tr6i qua. Va cubi cling, con méo cia
Schrodinger trong VAt Iy luong tt, chét hay khong chét trong cai hop
kin mét trong coi, khi cac phuong trinh séng 13 hai trang thai séng
va khéng sébng phti 1én nhau. Cai gi, trong thdi gian, 1am tan bién xé4c
suét va cho hién thi chi mét trang thai con meo, khi ta mé nip hép?

Nghi dén d4y, lai nhé dén Trang Ti tu hoi: “ta 1a buém dang mo ta
s6ng kiép ngudi, hay ta 1a ngudi tudng tuong tu dit dia vi 1a buém?”
Khi choang d4y, gan Tét Dinh DAu, cha thay Tt Pai Toan vuong dau,
chi nghe ving mét ciu quen quen vé dong thdi gian:

“Séng sdu con co nguoi do,
C6 ai ldy thudc ma do dong thoi”
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Toan tiéu hoc va THCS:
Silent Math

Ngo Van Minh

Muc Toan Tiéu hoc & THCS do thay Ngé Vin Minh (Sputnik Education
& Archimedes Academy) bién tip. Trong sb ndy, chiing ta sé thtt 1am mét sb
bai tap hinh hoc cho cac 16p 4-5-6 bing tiéng Anh. Goi 13 Silent Math (toan

cAm) vi 16i giai khéng cAn nhiéu 15i.

Problem 1: (SP1 - Standard Problem No. 1)

Show that:
N
a b’
Sl a
s\ s b5 =y

26



Problem 2: (SP2)

Show that:

Si_ Sty S _a
a b Sy b

Problem 3: (SP3)

b

Show that: i _mn
. m 52 ab
55

a

:

Problem 4:
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Problem 5:

xr =7
T 5
3 1
Problem 6:
A S(ABC) =1.
Find S(Shaded)'
B C

Problem 7: (Apmops 2002)

A

S(Shaded)

Find
S(aBc)
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Problem 8:

§ 5 J S(SquareABCD) =1,
1
/ AF = ZAB.
3
Find S(Shaded)'
D c
Problem 9:
A
. Find: S(ABC)-
3
B C
Problem 10:

S(ABC) = 1.
Find S(Shaded)'
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Solutions

Problem 1:
)%h:é 5
£, _% “
27 b
S1 _ah:2 a
b)s?*bh:z b
Problem 2:
51 _ 52 (py sp1)
535545
1 3
21 _ M8 1
:>52 554 @)
by SP1: 22 = = (2)
Sy b S
From (1), (2) =>—1—g
Sy b
S1_ 5
a b
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Problem 3:

By SP1:
S1_ 515 _mmn _mn
Sy  S3'Sy  ba ab
Problem 4:
8 6
— = — =172 =09.
5 xé&p 2=x=9
8
6
12 1
Problem 5:
T 5
— = = 3.5 =15.
3 1:>x
T 5
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Problem 6:

Problem 7: (Apmops 2002)

SShaded  S(aBc) — (S1+ 52 + S53)

ScaBc SaBc
_1 373373 373
3
Problem 8:
4 L . B SaBcpy=95=1
@/ 2a 11
a+3a=-.=-8S.
1 32 1 1
3a 4a:65$a:ﬂ5’:ﬂ
D c
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Problem 9:

Problem 10:

6a

S(ABC)=15=1- ,
a+6a:§S:>a:ﬁS
Similarly:

1

= S(Shaded) =5 3(55 + iS)
BEPR

21 7 1
Answer: S(shaded) = 7
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Mot chit vé lich st vec-to

Sputnik

Chuong trinh Hinh hoc 16p 10 chti yéu xoay quanh cac vec-té va
phuong phép toa dé. Trong SGK Hinh hoc 10 ¢é doan néi vé lich st
ctia khai niém vec-td, nhung doan dé c6 vé vira ky bi khé hiéu vita
chua chinh xac vé mit théng tin. Bdi viy Sputnik viét lai day vé lich
st cac vec-to cho cac ban hoc sinh 16p 10 va tit cd nhiing ai quan tAm.

Tit vec-to 14 tit nhép tir tiéng Phap vao Viét Nam. Tiéng Phap viét
13 vecteur, doc 13 véc-to, tiéng Anh viét 1a vector va doc ciing thanh
véc-to. Phan 16n cac tht tiéng phuong Ty khac ciing viét va doc
tit nay tuong tu nhu vAy. N6 c6 gbc La-tinh, xudt phat tit dong tir
vehere (mang di, dua di, cudi di). Nghia gbc ctia tit vector chinh 13
“vat/ngudi ché di, mang di, cudi di”. DOng tit vehere con sinh ra mot
tlt quen thudc khac, 14 tit vehicle (hay vehicule tiéng Phap), chinh 1a
b xe dé chd di.

V6i gbe nhu vay, tit vector trong mdi linh vie khac nhau c6 thé c¢6
mot nghia khac nhau. Ching han trong sinh vét hoc, né dude dung

v6i nghia “vét truyén céi gi d6”. Vi du nhu cac con mudi dudc goi 1a
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vector ciia bénh sbt rét (malaria).

Trong hinh hoc ngay nay, vec-to dudc hiéu 1a mot dai luong vita
¢6 huéng vita c¢6 do6 16n. Nhitng dai lugng ma chi c6 do6 16n thoi chi
khong c6 hudng, vi du nhu do dai, thé tich, khbi lugng, v.v., thi dudc
goi la nhitng dai lugng v6 hudng, scalars. Nhitng dai lugng ma c6 ca
huéng 14n d6 16n, nhu 14 van tde, gia tbe, luc, tit trudng, v.v. thi dudce
biéu dién bang cac vec-to.

DE vé mot vec-to, ngudi ta c6 thé vé mot doan thing ndi tit mot
diém A ndo dé dén mét diém B nio d6 trén mit phing hay trong
khong gian. Huéng di tit A dén B chinh 13 huéng ctia vec-to , va do
16n (d6 dai) cta doan thing AB chinh 13 d6 16n ctia vec-to. Khai niém
doan thing c6 huéng (tic 14 vec-to) nhu viy duge mét nha bac hoc
ngudi Italia tén la Giusto Bellavitis (1803-1880) dé xult vao gitta thé
ky 19 (khodng nim 1846) dudi tén goi “bipoint” (bd hai diém), cting
v6i nguyén tic cong vec-td AB + BC = AC va nguyén tic hai vec-to
bing nhau néu 4 diém tao thanh hinh binh hanh ma chiing ta biét
dén ngay nay.

Vv v+w

W

Cach lam cta Bellavitis cho phép nghién c(tu cac vec-té ma khéng
cAn dung dén hé toa d6. Trudc d6, nha toan hoc Bernard Bolzano
(1781-1848) da dé xuét ti nam 1804, roi nha toan hoc August Fer-
dinand Mobius (1790-1868) phat trién vio nim 1827, mét s6 phép
to4n 1 tién than cta phép tinh vec-to, v6i cac diém va cac hinh ma

khoéng cAn dung dén hé toa do.
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Tuy nhién, trong nhiéu vin dé, khi c6 hé toa d6 (hay nhu néi theo
ngdn ngit ngay nay, c6 ¢ sé ctia khong gian vec-to) thi van tién hon.
C6 thé biéu dién va tinh todn cac vec-to (va cac thit khac trong hinh
hoc) théng qua cac toa dd cua ching. Phuong phap toa d6, va mén
hinh hoc gidi tich gén lién v6i né, dudc Descartes va Fermat dua ra
va nghién ctu tit ntta dau thé ky 17, va dude Newton sit dung trong
coéng trinh cia minh. ca ba ngudi nay it han déu di 1am viéc véi cac
vec-td, chi c6 diéu ho chua goi chling 14 vec-to, vi tit vec-to trong toan
hoc vé sau méi xuét hién.

Trong s6 nhiing nha toan hoc diu tién ding tit vector/vecteur,
c6 thé k€ dén William Hamilton (1731-1803) va Pierre-Simon de
Laplace (1749-1827), cho nhiing truong hgp riéng. Hamilton nghién
ctitu cac sb quaternion, tifc 13 cic mé roéng clia s6 phitc gdm nhitng 4
thanh phén, dang A + iB +jC +kD véi A, B, C, D 13 céc s6 thuc (trong
khi sb phtic chi 6 2 thanh phin A + iB), va éng ta goi iB +jC +kD
13 thanh phén vec-to cta sb quaternion. Con Laplace thi goi dudng
thdng tudng tuong nbi tit tAm mat trdi t6i tAm trai dat 1a “vec-to tia
nbi” (rayon vecteur, vector radius), goi tit 1a vec-to, va ding né dé
md ta dinh luét Kepler (vec-to ndy quét nhitng mién c6 dién tich bing
nhau trong nhiing khoang thdi gian bang nhau).

Rét nhiéu nha toan hoc khac cta thé ky 19, nhu 13 Grassmann,
Gibbs, Laguerre, Mourey, v.v. dd déng goép vao viéc phat trén khai
niém vec-td trong toan hoc. Giuseppe Peano (1858-1932) la ngudi
dd dua ra hé tién dé cho khéng gian vec-to nhu chiing ta biét dén
ngay nay vao nam 1888. Con Arthur Cayley (1821-1895) la nguoci da
dua ra khai niém ma trén, vira 1a md rong cua khai niém vec-to, vira
1 cong cu dé tinh toan véi cac vec-to.

Khi ta ¢b dinh mot hé toa d6 trong khong gian vec-to, thi mot
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vec-to dude hoan toan xac dinh béi day sb c6 sip thit tu cc toa do
clia n6. Mot day c6 xép thit tu cac sd, vi du nhu (1,5,2,0,9), c6 thé
goi la mot vec-td, va dé chinh la khai niém vec-to hay dung trong tin
hoc ngay nay: d6i v6i nhiéu ngdn ngit 14p trinh thi mét vec-to chinh
13 mot day sb.

N6i dén vec-to, khong thé khong néi dén dai sb tuyén tinh, titc
13 bd mén toan hoc vé cac phép bién ddi tuyén tinh va gidi cac hé
phuong trinh bac 1 (goi 1a phuong trinh tuyén tinh). Nghiém cta hé
phuong trinh tAt nhién 14 mét bd cac 4n s, va d6 chinh 14 vec-to. Viée
giai quyét cac hé phuong trinh tuyén tinh (ki€u vira ga vita ché b lai
cho tron ba muoi sau con mét trim chan chin) da duge con ngudi
biét dén tir thoi trude cong nguyén (it ra 13 6 Trung Qubc). Ngay tit
thoi d6 ngudi ta du chua biét dén tit vec-to, nhung da biét tinh toan
VGi cac vec-ta!

Mot s6 tai liéu tham khao c6 trén mang:
https://en.wikipedia.org/wiki/Vector space
https://en.wikipedia.org/wiki/Euclidean_vector

https://www.merriam-webster.com/dictionary/vector
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Lam bai thi olympic toan
nhu thé nao?

Tran Nam Diing

TS. TrAn Nam Diing 13 giang vién toan tai PHQG TP HCM, ddng sang lap
vién ctia Sputnik Education, va la ngudi c6 kinh nghiém hon 20 nim day
cac doi tuyén thi olympic toan & trong nudc va nudc ngoai. Bai viét dudi
day dudc trich tit Chuong 2 ctia quyén sach Cach giai toan qua cac bai thi
olympic ctia 6ng. (Ti sach Sputnik sb 019, xuat ban thang 02/2017).

Chiing ta bit dau di vao chii dé bang viéc trich din 16i khuyén cta
hai tac gid ngudi Nga rat néi tiéng, A. Kanel-Belov va A.K. Kovaldzi,
danh cho cac ban thi Olympic.

1. Hay doc dé bai tit ca cac bai toan va x4c dinh xem cac ban sé
giai cac bai toan theo trinh tu nao. Cha y la thong thudng thi
cac bai toan dudc sap xép theo thit tu khé dan.

2. Néu nhu bai toan, theo ¥ ban, c6 thé hi€u theo nhiéu nghia
khac nhau, thi ding chon cach dé& nhét cho ban ma t6t nhit
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10.

hay hoi giam thi.

. Néu bai toan dugc giai mot cach qua dé dang thi rit dang ngo.

C6 thé ban hiéu khong ding dé bai hoic d4 sai & dau doé.

Néu ban khéng giai dugc bai toan, hay tht lam don gidn nd
(xét cac sb nhoé hon, xét cac trudng hop dic biét...) hodc giai
bing phan chiing, hay thay cac sb bang cac ky hiéu ...

Néu nhu khéng ré 13 mot khing dinh ¢é ding khong, hiy tha
vita chitng minh, vita pht dinh no.

. bung dinh vao moét bai toan: Thinh thoang phai rdi noé ra va

danh gia tinh hinh. Néu c¢6 mét chat thanh tyu thi ¢6 thé 1am
tiép, con néu y tudng cit 1ong vong thi tét nhit 1a hiy bd bai
toan d6 (it nhat 13 mét thoi gian).

. Néu ban thiy mét, hiay nghi mét vai phit (c6 thé 13 ngim troi

mAy hodc don gian 1a ... nghi).

. Néu gii dugdc bai toan, hiy 14p tic trinh bay 16i gidi. Diéu nay

gitip ban kiém tra tinh ding din ctia 16i giai va gitp ban tap
trung hon cho cac bai toan khac.

. Mbi mét bude cta 16i giai déu phai dudc trinh bay, ngay ca khi

n6 14 hién nhién. Sé rt tién loi néu viét 16i gidi dudi dang cac
b6 dé hoic nhin xét. biéu nay gitp ngudi chAm dé& doc va dé
cho diém hon.

Trudce khi ndp bai, hiy doc lai bai lam bang con mét ctia ngudi
chim - ho c6 hi€u dugc 15i giai ctia ban khéng?
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DAy 14 cac 161 khuyén hét sttc bé ich. Toi sé 14n lust minh hoa cac
¥ trén bang cac vi du.

Mot trong nhiing yéu t6 dnh hudng dén 16i giai d6 1 16i ciu tha.
Trong qua trinh bién d6i ta c6 thé nham hé sb, quén ddi diu ... Va dbéi
khi mot 16i nhé xfu cling ¢6 gia 1a ca mot bai toan.

LAi c4u tha chi ¢6 cach khic phuc 14 ... cin than. DAu tién, hay hoc
cach cin thin bang cach st dung bat muc hodc bit bi ngdi nhéd, mue
ra déu dé viét dep, sau d6 st dung thude dé€ viét phén sb, cin thiic.
No6i chung néu 1am nhap cin than thi ciing khong cin phai trinh bay
bai truéc ra nhap (thsi gian cling khéng c6 nhiéu!), chi can viét ra
nhitng bude chinh cta 16i gidi. Néu chua c6 16i gidi hoan toan thi vin
nén viét ra nhitng két qua minh di dat duge (phan nay sé ban sau -
1am thé ndo d€ kiém diém & nhiing bai chua c6 16i giai hoan toan).
Chting ta nén lam bai nao hoan chinh bai d6 va kiém tra luén sau khi
1am xong. Néu cac bai da dudc trinh bay cin than thi thoi gian dé ra
soat lai chi can 5 — 10 pht.

DE 1am toan tét, bén canh c6 tu duy tot thi k§ ning ciing rit quan
trong. Ta phai c6 kha nédng tinh toan nhanh, chinh x4c thi méi dam
di vao cac hudng giai mang tinh ky thuat. Tuy nhién, trong cac ky thi
Olympic thi ngudi ta chii trong dén tu duy nhiéu hon. Vi viy nhiing
16i gidi hinh hoc bang phuong phéap toa d6 thudng bi “thi phi”, cac
16i gidi qua dai dong, vét can hoic khai trién ciing viy. Néu di chon
huéng di ndy cin phai trinh bay hét sic chit ché, chinh x4c va sang
stia. Sai mot cai 14 bi gach bd lién. Mot van dé khac 14 k§ ning trinh
bay. Cai nay thi khéng thé thiéu dude. VA ban ¢6 k§ ning trinh bay
tbt cling chiing t4 14 ban c6 tu duy tét.

Mot diém yéu chung ctia hoc sinh, sinh vién, nhu ching t6i da
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dé cip ngay tit ban diu, 1a viét 15i gidi ctia mot bai toan khéng ranh
mach, stc tich. Ly do 1a chiing ta it € v luyén tip va ciing it dudc rén
riia vé vin dé nay.

D€ trinh bay bai cho sang stia thi nén trinh bay theo kiéu dién
dich, nghia 1a phat biéu y dinh chiing minh truéc. Sau d6 trinh bay
chiing minh y do6.

Vi du. Ta chitng minh ABC la tam gidc déu. That vdy, ...

Ngoai ra, cin phai hoc tt logic hoc va ngit phap tiéng Viét cho
tbt, chiu khé stt dung céc cip lién tit cho ding, han ché tbi da dung
cac diu = Nén coi viéc trinh bay mét bai toan ciing nhu mét bai vin
véy: Cling c6 mé bai, than bai, két lun. C4u vén ciing c6 chii ngit, vi
ngit, ddm chm, d4u phy dang hoang.

Vi du. Cho a2, b2, ¢? theo thit tu ldp thanh mét cdp s6 cong. Chitng
1 1

a+b a+c b+ec

minh rdng theo thit tu ciing ldp thanh mét cdp sb
cong.
Trinh bay sau day 1a khong chuén:
Tt a2, b2, ¢ 1ap thanh mét cAp sb cong ta suy ra a® + 2 = 2b%. Ta
sé chitng minh rang
1 1 2
+ = :
a+b b+c a+c

S b+o)at+c)+(a+b)(a+c)=2(a+b)(b+c),
o +a® =20

Pang thitc cubi cling ding, do dé ta cé diéu phai chiing minh.
O day ciu “Ta sé chitng minh rdng” 13 mét cau cut, vi v6i toan bd
bién d&i phia sau thi cidu dan phai 13 “Ta c¢6”. Loi giai ding phai 1a:
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Tit a2, b2, 2 14p thanh mot cp sb cong ta suy ra
a® + ¢® = 2b°. (0.1)

Ta sé chiing minh rang

1 N 12
a+b b4+c a+c

(0.2)

That vy, st dung phép bién déi tuong duong, ta c6 (0.2) tuong
duong véi

(b+c)(a+0)+ (a+b)(a+c) =2(a+b)b+o),
&P +a? = 2%
Diéu nay dung theo 0.1, do dé ta ¢6 diéu phai ching minh.
C6 mét cach nita d€ luyén viét cho tbt, dé 13 hoc ngoai ngit, cu
thé 14 hoc viét nhitng ngdn ngit ¢ ciu tric ngit phap chit (nhu Anh,

Phép, ... chang han). Tl nhiing cAu tric chit ché, cach trinh bay stic
tich ctia ho, ta sé trinh bay bai bing tiéng Viét tbt hon.

Bay gi6 chung ta sé minh hoa nhitng 16i khuyén 16i khuyén caa
Kanel-Belov va Kovaldzi bang cach phén tich dé thi chon hoc sinh
gi6i qudc gia nim 2010 (VMO 2010).

D& thi hoc sinh gi6i qudc gia moén Toan 2010
Ngay thi 11/3/2010. Thoi gian lam bai: 180 phut

Bai 1. Gidai hé phuong trinh

ot —yt =240
23— 23 = 3(2% — 4%) — 4(x — Sy)
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Bai 2. Cho ddy sb (ay) xdc dinh béi

ar =5

véimoin=2,3,4, ...
an = ’(/azj +2n-1 4 2. 301

(a) Tim cong thifc tdng qudt tinh a,,.
(b) Chitng minh ddy (a,) giam.

Bai 3. Cho duong tron (O). Hai diém B, C ¢b dinh trén dudng
tron, BC khéng phdi dudng kinh. Ldy A la mét diém trén dudng tron
khong tring véi B, C. AD, AF la cdc duong phdn gidc trong va ngoai
ctia géc BAC. I la trung diém ctia DE. Qua truc tdm tam gidc ABC
ké dudng thdng vubng goc véi Al cdt AD, AE tai M, N.

(a) Chitng minh rang M N luén di qua mét diém cb dinh.
(b) Tim vi tri diém A sao cho dién tich tam gidc AMN 16n nht.

Bai 4. Chitng minh rang véi moi n nguyén duong, phuong trinh
22 + 15y% = 4" ¢6 it nhdt n nghiém tu nhién.

Bai 5. Cho bdng 3 x 3 va n la mét sb nguyén duong cho trude. Tim
s6 cdc cdch té mau khéng nhu nhau khi t6 mbi 6 béi 1 trong n mau
(hai cdch t6 mau goi la nhu nhau néu 1 cdch nhdn dugc tit cdch kia bdi
1 phép quay quanh tam).

Viéc phan tich va chon chién luge 1am bai mang tinh c4 nhan rét
cao, phu thudc vao sé trudng, sé doan ctia mdi ngudi, va ciing phu
thudc xem c6 nhiing bai toan nio gin véi nhitng bai ma ngudi thi da
giai hay khéng. Do dé khéng c6 mét cach chon chién luge chung cho
tAt cd moi ngudi. Chi c6 mét diéu quan trong ma ta nhé: Thit tu lam
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bai sé 4nh hudng khéng nhd dén két qua bai thi. Cu thé, néu ta chon
nhim ngay phai mét bai khé va sa 1ay & dé thi sau dé sé khdng con
thoi gian va su binh tinh d€ gidi quyét ngay ca nhitng bai toan dé.

Vi du 1a nam 1997, nhiéu hoc sinh di gip ric rbi 16n khi dung
ngay phai bai 1 kha xuong x4u nay:

Cho S la dudng tron cb dinh bdn kinh R. P la diém c6 dinh
nam trong S véi OP = d < R. ABCD la tit gidc thay déi sao cho
A, B, C, D nam trén S, AC va BD cdt nhau tai P va AC vubng gdc
véi BD. Tim gid tri 16n nhdt va gid tri nhé nhdt cia chu vi tit gidc
ABCD theo R va d.

Hay tht xem phén tich miu dé VMO ctia mét “ngudi thi mu”.

Dua theo néng luc, s6 trudng ctia ca nhén, t6i dua ra thit tu lam
bai cila minh nhu sau:

1) Bai 2. Bai nay huéng di qua ro rang. Trinh bay ciing don gian.
2) Bai 1. Bai nay dit 6 vi tri bai 1, chic 13 khong khé.
3) Bai 3. Hinh hoc, di khong phai 1a s trudng nhung chic ciing
khong kho.
4) Bai 4. Bai nay thy quen quen, vi it nhét thi t6i ciing biét cai
hing dang thtc:
(22 + 15y%) (a® + 15b%) = (za + 15yb)? + 15(xb — ya)*.
5) Bai 5. Chic d€ 1am vao cudi cung. T6 hop thudng 1a khé ma.”
Va tiép theo 13 phan tich huéng gidi clia tiing bai.
Phan tich I3i giai bai 2. Lity thita n hai vé ding thiic, ta dudc

al =a' 1 +2""24+2.3"1L
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T day dé dang suy ra o = 2" + 3", suy ra tiép
ap = V27 4 37,

Bay gid ta chiing minh a,, 1a ddy sb gidm. C6 ba huéng sau

Huéng 1. Chiing minh a1 > aZi} (khit can mot vé), tiic 1a

an (2" +3") > 2"t 4 gntl
tuong duong véi
2"(ap — 2) + 3"(an — 3) > 0.

Vay chi cAn chting minh a,, > 3 13 xong. Ma diéu nay thi hién nhién!

(n+1) n(n+1

Huéng 2. Chiing minh a, >, ) (khit cin ca hai vé).

Trong trudng hop nay, ta cAn chiing minh
(2" 4+ 3m)" T > (ontl 4 3n )™,

Khi khai trién ra, cht ¥ vé trai c6 n + 2 sb hang, con vé phai cé n + 1
s6 hang, mot ¥ tudng 1a chiing minh bing cach bit cip. Néu lam theo
cach nay:

1) Phai bit cip cho ding.

2) Trinh bay chat che.

Trong thuc té nhiéu ban lam theo cach nay da bi trit diém hodc
tham chi khong cho diém vi

1) Bét cip sai (d4n dén cac bit ding thic trung gian khong diing).

2) Trinh bay 4u, so sai.

3) Tinh todn nham.
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1
Huwéng 3. Khao sat ham sb f(z) = (2¢ + 31)5 v6i z > 0 va chiing
minh ham sb nay gidm. D€ chiing minh diéu nay, ta xét ham
 In(27 +37)

y =) = 2

Tinh dao ham y' véi chl ¥ In 22 < In(2z + 3z) va In 3z < In(2z + 3z),
ta dugc

27In2+43%1n3
S T i G
Yy = 22
22[In 2 — In(2% + 3%)] 4 3%[In 3% — In(2* + 3%)]
- <0
x2(2x + 3:17)

VAy y la ham giam suy ra f(z) la ham giam, suy ra f(n) > f(n + 1),
tic 1a a,, > a,41 hay day a,, giam.

Toi tiép tuc phan tich 13i gidi clia minh cho bai 3. (Bai 1 sau mét
hoi 1am tht, t6i thiy chua tién trién gi nhiéu, chi méi dit z = 2u, y =
20 d€ rit gon bét cac hang sb va tim duge nghiém v = 2, v = 1. Do
d6 t6i tam diing bai 1 va chuyén sang bai 3).

DAu tién 13 t6i vé hinh. Xét trudng hop A nim trén cung 16n BC
va léch vé phia C. Toi dit ZBAC = . Goi H 14 truc tim tam giac
ABC. Ti hinh vé t6i lién hé duge mot sb su kién sau lién quan dén

cau hinh nay:

1) V& D, E, I. Tam gidc DAFE vudng tai A va c6 I 13 trung diém
canh huyén.

2) AH = 2R cos o khong d6i.

Toi bit dau di chiing minh M N, titc 1a dudng thing (d) qua H vudng
gbc véi AT di qua mét diém cb dinh. Ly ludn dbi xing cho t6i thay
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ngay rang diém cb dinh phai ndm trén trung truc ctia BC. Vi thé t6i
goi X 14 giao diém ctia (d) va trung truc cia BC va toi mubn chiing
minh ring X c¢b dinh. Trén trung truc ctia BC con c6 1 diém dic biét
nita 13 tAm O dudng tron ngoai tiép. Mudn chting minh X cb dinh
t61 can chitng minh OX khong déi. By gid hinh vé chinh x4c cla t6i
cho phép t6i du doan la O A vudéng goc Al.

Nhu thé, t6i d4 quy bai ton vé viéc ching minh AJ vudng géc
v6i OA. V6i bai nay thi 6 nhiéu cach giai.

Cach 1. Ching minh A vudng géc OA tlic chiing minh A la
tiép tuyén hay 142 = IB - IC tuong duong véi ID? = IC - ID
(do TA = ID) (cai nay 1a hé thtic Newton ctia hang diém diéu hoa
(BCDE)) hoac ta c6 thé st dung dﬁmg thic bB _ BB (tinh chit

IB—ID IB+1ID ¢ ¢
L T2 ‘ .
7 6= 101 dodé ID*=1B-IC (chuy

ID = IFE) - day chinh la cach chitng minh hé thitc Newton).
Cach 2. Ta c6 ZAOC = 2B, suy ra ZOAC = 90° — B. Tu d6
ZOAD =90° — B — é Mt khac

phan giac) suy ra

/4DAI = ZIDA=/ZCDA =180°-C — ?

Suy ra
o A o A o o
LOAD+£DAI =90 —B—E—HSO —0—5 = 270°—(A+B+C) = 90°.

Tacla ZOAI = 90°.

BAy gid sang cAu 2. Dung géc ta thdy ngay H 1i trung diém caa
MN (cu thé1a cac tam giac HAM, HAN céan).Laic6é HA = 2R cos «
khong d6i, suy ra M N = 4R cos a. Suy ra ngay la dién tich tam giac
khong 16n hon M N - ATH D4u bing x4y ra khi AH vudng goéc voi
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Hinh vé minh hoa cho bai hinh hoc VM02010

MN. Vi MN song song v6i OA (chiing minh trén) nén diéu nay
tuong duong véi AH vudng géc O A. biéu nay xay ra khi A trung vo6i
cac giao diém cta dudng thang qua O song song v6i BC va dudng
tron (O).

Véy 1 xong. VGi bai toan nay, cht y dén cac vi tri tuong dbi ctia
A va nén dit « 1a d6 16n clia géc chidn cung nhé BC. Néu trong 1y
luan dung géc A va dai luong cos A c6 thé bi bat bé (khi goc A tu thi
2Rcos A <0).

Trong moi truong hop, téi da ndi roé 6 trén la xét truéng hop A
nam trén cung nhé BC va léch vé phia A. Hinh vé minh hoa dudc vé
dtng cho trudng hop nay.

Toi tiép tuc trinh bay cach tim toi va trinh bay 15i gidi cho bai 4
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ctia VMO. (Trong qué trinh “thi th”, sau khi d& hoan tat bai 2, 3 toi
thiy bai 1 vin khéng c6 gi tién trién nén chuyén sang bai 4).

Bai ndy yéu ciu chiing minh phuong trinh 22 + 15y2 = 4" ¢6 it
nhét n nghiém tu nhién.

V6in = 1, ta tim dudc nghiém (2, 0), v6in = 2, ¢6 2 nghiém (4, 0)
va (1, 1). Ta goi phuong trinh 22 + 15y% = 4" 1a phuong trinh PT'(n).
D& thdy néu (z, y) 1a nghiém ctia phuong trinh PT'(n) thi (2z, 2y) 1a
nghiém ctia phuong trinh PT'(n + 1).

Vi vdy, ta nghi dén y tudng ching minh quy nap: Néu phuong
trinh PT'(n) c6 n nghiém (z1, y1), ..., (zn, yn) thi PT(n + 1) c6 it
nhét 12 n nghiém (2z1, 2y1),, ..., (22, 2y»). Nhu vay ta chi cin tim
thém mot nghiém nita cia PT'(n + 1). Vi cac nghiém dudce xay dung
bing quy nap 4 trén déu c6 z, y chdn nén mét cach tu nhién, ta di
tim mét nghiém ctia PT(n + 1) cé z, y 1. Bai toan ban diu da dugc
dua vé mot bai toan méi:

Bai toan (*) Chitng minh rang véi moi n > 1 thi phuong trinh
22 + 15y% = 4" ¢4 it nhdt 1 nghiém (z, y) véi z, y Ié.

Bai toan nay khong tuong duong véi bai toan ban diu, nhung
néu chitng minh dugde né thi bai toan ban dau dugc giai quyét bing
ly ludn quy nap nhu néi & trén. VAn dé con lai 1 1am thé nao dé€ giai
quyét bai toan (*)? (Ciing chil y ring, theo ddp an, néu trinh bay
duoc dén day, néu ra ménh dé bai toan ban diu sé dugc giai quyét
xong néu ta chting minh dugc b8 dé (*) thi thi sinh duge 1 diém).

Cach 1. T6i nh6 ngay dén dang thic

(22 + 15y%) (a® + 156%) = (za + 15yb)* + 15(zb — ya)?
= (xa — 15yb)? + 15(xb + ya)”.
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Tit ddy néu chon a = b = 1 thi ta c6 ménh dé sau:
Néu nhu (z, y) 1a nghiém ctia PT(n) thi (z + 15y, |z — y|) va
(Jz — 15y|, |z + y|) 1a nghiém tu nhién cta PT'(n + 2).

Ménh dé nay cé hai diém yéu:
1) n—n+2.

2) Do z, y luén cung tinh chin 1é nén nghiém sinh ra bang cach
nay ludn chin, khéng gidi quyét duoc vin dé ma ta dit ra.

Phai 1am thé nao biy gid? Suy nghi mét chut, ta thiy hai diém yéu
nay cé thé hop lai thanh mot diém manh. Do z, y clng tinh chin 1é

A 4 ..
nén neu ta chona =06 = B thi ta dugc

A \ A > \ 15 - \
Neéu (z, y) la nghiém cua PT(n) thi (x +2 y? i 5 y) va

<|x—15y r+y

2 T2
Nhu vy vin dé 1) dudc giai quyét. Chi con vin dé 2). Tic 13 lidu

) la nghiém tu nhién cta PT(n + 1).

nghiém sinh ra bang cach nay c6 thé 1a nghiém 1& hay khéng?
Tty T—y
* 2

L mot s6 1é (va mot so chan). Suy ra trong hai nghiém noéi

A Ao T A . A T
Ta nhan thay rang vi = x 1é nén trong hai so

va

trén c¢6 1 nghiém 1& (néu (z, y) 12 nghiém thi z, y cing tinh chén 18,
do d6 khi ta n6 c6 nghiém 1€ téc 1a ca x va y cung 1é).

Bay gio ta c6 thé hinh dung lai toan bo 16i gidi dé trinh bay lai
cho gon gang, suc tich.

Cach 2. Cach nay danh cho cac ban khong biét hoic khéng nhé
ra hang dang thitc. Biét it thi phai tén thoi gian hon.

Bang phuong phép thi va sai, ta tim dudc cac cip nghiém (z, y)
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1é tuong Gng véin = 2, 3, 4, 5, 6, ... nhu sau: (1, 1), (7, 1), (11, 3),
(17, 7), (61, 5), ... O day cin cong siic lao dong va 6c nhan xét mot
chiit. Cong stic lao déng da bd ra dé tinh nghiém nhu trén. Bay gic 1a
can 6c nhan xét.

DE ¥ mot chit ta sé thdy cac nghiém tng véi n = 3, 4, 5, 6 dude
tinh tit cac nghiém (x, y) ctia phuong trinh truée theo cong thiic sau

1+2 7—1 11+3 17—7
_2’3_2’7_ 2’5_ 2

1

O, that tht vi! Ta tht kiém tra voi sb tiép theo, nhung 14n nay la

kiém tra xubi. Ta sé kiém tra rang phuong trinh 22 + 15¢% = 47 sé ¢
61+5 _ 33. Thiy vAy 47 — 15 - 332 = 49 = 72 va ta c6

nghiém (7, 33). Tiép tuc nhu vay, ta sé dudc nghiém (251, 13).

Tn £ Yn

2

+y,\’ 1590\ 2
ap . =4 =16y, = 4($i+15y3)—15<xn 2 yn> = (W) .

nghiém y =

Khi da du doan dudc nghiém y,, 11 = , ta thay vao va dugc

Tit d6 ciing din dén 16i giai tuong tu nhu & trén.
Tom lai & bai nay:
1) C6 thé dé dang 14y dudc 1 di€m néu trinh bay sang sta y dau.

2) Néu nhé hing ding thitc Lagrange thi c6 thé tim duoc 15i gidi
hoan chinh kha nhanh.

3) Néu khong, néu con thoi gian va c6 ¢ nhat xét tét, kién tri tinh
toan thi van c6 thé 1am dudc.

Sau khi hoan tt 15i giai ba bai 2, 3, 4, t6i chi con 15 phit danh
cho bai 5 va bai 1. V&i bai 5, t6i ghi dudc cac y sau:
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1) Néun = 1 thi c6 ding 1 cach t6 (hién nhién qua, chic khong
duagc diém).

2) C6 n? cach t6 mau cho 9 6. Ta phai tim cach loai di nhitng cach
t6 mau bi dém trung.

3) Ta nhan xét rang, qua mot phép quay thi 6 & giita khong thay
déi, do dé dap sb cin tim sé bing n nhan véi sb cach td 8 &
chung quanh, trong d6 khéng c6 cach t6 nao thu dudce ttt nhau
bang mét phép quay.

Dén day thi hét gid. Toi chdp nhan 13 1am duoc 3 bai tron ven va
viét duge mét sb ¥ ctia bai 5. DU khéng hoan toan nhu y nhung t6i
rAt tu tin 13 sé dugc giai, vi cac 16i gidi cla t6i kha chit ché. Két qua
13 t6i dugce 13 diém (bi trit 0.5 diém & bai hinh va dugde 0.5 diém &
bai 5), dt diém tham du vong 2. Ra ngoai phong thi, t6i cling hai tiée
vi khong 1am duge bai 1, ma ¥ gidi héa ra 1a rit don gidn. Nhung t6i
cling mitng 13 minh da khéng sa 1iy vao bai d6 va cubi cuing da gidi
dugc bai 4 d€ thay thé (du bai 4 khé hon va chi duge 3 diém). Bai 5
thi t6i cling giai ra ngay sau do....

(Trong sach c6 diy du 16i gidi clia cac bai con lai)
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Giai d6 ky trudc &
d6 vui ky nay

Giai d6 ky trudce

Céc ban sau dy dudc gidi vi d co 16 giai hay cho it nhit mot
cau d6. Giai thudng 1a mot quyén sach Sputnik, dude chon tlly y trong
danh sach cac sach da xuét ban, gti vé tin nha:

- TrAn Lan Anh (L6p 6A3, Trusng THPT chuyén Trin Dai Nghia)

- Ta Pha Ha Minh (P Nguyén Thai Binh, Q.1, TPHCM).

- Nguyén Thi Thiy Nga (Vién Toan hoc Ha N6i)

- Nguyén Quéc Trung (L6p 10 Toan 1 trusng PTNK)

Cau db 1-1 (Tetris)

C6 25 hinh "tetris" dang "que chit nhdt" 1 x 4 (mdt chiéu la 1, mot
chiéu la 4) WSS g5 6 thé xép chiing lai véi nhau dé phii kin
mot hinh vudng 10 x 10 dugc khdng? Néu cé thi chi ra vi du, néu khéng
thi gidi thich tai sao.
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Bai nay c6 nhiéu cach giai khac nhau. Loi gidi ngin gon sau day
14 ctia ban Tran Lan Anh, va ban Nguyén Thi Thiy Nga ciing c6 15
giai y hét nhu véy:

T6 mau hinh vuéng 10x10 nhu trén hinh ve.

Nhan thy v6i méi hinh tetris 1x4 thi bao gdbm 2 hinh vuéng xanh
va 2 hinh vuéng tring. Ta c6 52 hinh vudng xanh va 48 hinh vuéng
tring. VAy chi xép tbi da dudc: 48:2=24 (hinh tetris) => Khong thé
xép 25 hinh tetris 1x4 d€ 14p day hinh vuéng 10x10.

Binh ludn. Ciu d6 1-1 thuc ra 1a m6t trudng hop riéng ctia nhitng
bai toan tong quat hon sau day:

Bai todn 1-1a. Mét hinh chit nhat ¢ kich thuéc m x n khong thé
xép kin dugc bing cac hinh chit nhét nhé 6 kich thuée 1 x k (& day
m,n, k 12 cac sb nguyén duong) néu nhu trong hai sé m va n khong
¢6 sb nao chia hét cho k.

Bdi todn 1-1b. Néu mdt hinh chit kich thude a x b (6 dayavabla
hai sb thuc duong) cit dugc ra thanh cac hinh chit nhét con, sao cho
mdi hinh chit nhét con ¢6 ich nhat mét canh c6 d6 dai 14 sb nguyén,
thi mot trong hai s6 a va b phai 13 sb nguyén.
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Bdi todn 1-1c. (M4 rong 1én khong gian 3 chiéu, hay nhiéu chiéu
hon ciing vay). Néu mét hinh khéi hop chit nhét (hinh vién gach)
kich thudc a x b x ¢ cit duge ra thanh cac hinh khéi hop chit nhit con
sao cho mdi hinh khdi hép chit nhét con ¢6 ich nhdt mét canh c6 db
dai 12 sb nguyén, thi mét trong ba sb a, b, ¢ phai 13 sb nguyén.

Hién nhién, Bai toan 1-1a 1 md réng cta Cau db 1-1. Ciing cb
thé gidi né theo phuong phap t6 mau, tuong tu nhu 13 cAu db 1-1.

Bai toan 1-1a c6 thé coi 14 trudng hop riéng ctia Bai toan 1-1b (vi
sao vay)? D€ gidi bai toan 1-1b véi cac sb thuc (c6 thé 13 vo ty) thi
phuong phap t6 mau khong con hiéu nghiém nira. (Vi sao vay?).

Trong quyén sach Bai tdp hinh hoc chon loc cho hoc sinh THCS
(Ta sach Sputnik s6 012) do D6 Diic Thai va Nguyén Tién Diing cht
bién ¢6 15i gidi so cAp clia Bai toan 1-1b dung mét thuét toan tim
duong di men theo cac canh ctia cac hinh chit nhit con. Loi giai so
cip nay c6 th€ mé rong 1én trudng hop nhiéu chiéu.

bbi v6i nhitng ai da hoc phép toan tich phan, thi c6 mét 16i giai
chi c6 vai dong cho Bai toan 1-1b (va Bai toan 1-1c cling vay), nhu
sau:

Xét tich phén / / ¢27+9) gy dy trong dé D 1a hinh chit nhat dat
D

niam ngang, = va y 1 cac toa d6 trén né. Tich phan nay bang 0 khi
va chi khi mét trong hai d6 dai ctia hinh chit nhét 13 sb nguyén. Dbi
vGi cac hinh chit nhéat con cling vay. Va tich phan trén hinh chit nhat
to thi bang téng cac tich phan trén cac hinh chit nhit con ctia nod.
Ban doc c6 nhan thdy mét su tuong tu gita viéc 14y tich phén

(ctia mét ham s6 tuan hoan) va viéc t6 mau khong?
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Cau d6 1-2 (Chdng phé mat va thap Ha Noi)

@) Ban ¢ thé dd nghe ndi vé bai todn Thdp Ha Néi: C6 3 cdi cdt,
va ¢6 8 miéng gb tron ¢6 duc 16 6 gitta dugc xép vao cot thit nhdt tao
thanh hinh mét cdi thdp, sao cho miéng & trén nhé hon miéng & dudi
(tua nhu cdc tdng thdp & cdc ngbi chita cang lén cao cang nhé dan). Bdy
gio cdn dich chuyén cdc miéng tron giita cdc cét véi nhau, véi nguyén
tdc miéng to hon thi khéng duoc xép 1én trén miéng thdp hon, sao cho
cudi cung di chuyén dugc toan bé cdi thdp tir cdt thit nhdt sang cot thit
ba. Hoi phdi lam thé ndo, va di chuyén mdt (it nhdt) bao nhiéu nuéc?
(Mdi nude la di chuyén mét tdng thdp tir cot ndy sang cot khdc). Néu
thay sb 8 bang mét s6 n bdt ky thi sao?

Tro choi Thap Ha No6i

b) Bdy gi& chiing ta thay cdc cdc cot bing cdc cdi ghé, va cdc tdng
thdp hinh tron bdng cdc miéng phé mdt tron kich c& ting ddn tit nhé
dén to, thi bai todn vdn nhu vdy. Nhung bdy gid, thay vi ¢é 3 cdi ghé,
ta c6 nhitng 4 cdi ghé, va dugc di chuyén cdc miéng phé mdt giita cdc
ghé dé (véi diéu kién nhu cii: phé mdt & mbi ghé phdi xép thanh chéng,

va khéng duoc dé miéng to 1én trén miéng nhd), thi can it nhdt la bao
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nhiéu budc di chuyén dé chuyén toan bé chong phé mdt gom 8 miéng
tir ghé thit nhdt sang ghé thit tu?

¢) Néu thay vi 8 miéng phé mdt va 4 ghé, ta c6 mét chong 11 miéng
phé mdt va 4 ghé thi sao? Cdn bao nhiéu buéc?

Cau d6 nay 13 ci bién tit cdu d6 d4u tién trong quyén sach rét
tha vi nhan dé Nhitng ciu d6 tu duy va 16-gic x( Canterbury (Ta
sach Sputnik s6 026, xuit ban thang 02/2017) clia tac gia Dudeney.
C6 ban doc gt dén 16i gidi cho ciu d6, dung phuong phap quy nap.
Tiéc rang, tuy huéng 1am bang quy nap 13 ding, nhung 15i gidi khéng
chinh xac (va khéng c6 ly ludn kém theo lam co s6 cho viéc quy nap).

DAy 13 mot vAn dé thudt toan tbi uu t6 hop rét thi vi, va c6 thé mé
rong 1én trudng hop n miéng phé mat va k ghé, tim sé bude B(n, k)
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di chuyén it nhét.

a) Trong trudng hop chi ¢6 3 ghé (tro choi Thap Ha N6i), thuét
toan kh4 13 hién nhién: Cin chuyén chdéng n — 1 phé mat sang ghé
tht 2 réi méi nhic dude miéng phé mat to nhét dudi cling sang ghé
thtt 3, r6i méi chuyén dugc chdng n — 1 miéng phé mat sang ghé thi
3. Gia st 1a ta khong lam cac dong tac nao thita (nhu kiéu lam mot
s6 bude dich chuyén, ma sau dé trang thai cac chdng phé mat vin
hét nhu cii) thi chi c6 méi cach 1am nhu trén thoi, va ta c6 cong thuc
quy nap: B(n,3) = B(n—1,3)+1+ B(n—1,3) =2B(n—1,3) + 1
(bdi vi d€ chuyén n — 1 miéng phé mat tit cdt dau tién sang cot thi
hai thi mit B(n — 1,2) budc, v.v.). Tit céng thitc quy nap nay ta suy
ra B(n,3) =2" —1.

b) Trudng hop 6 n miéng phé mat (6 ddy n = 8) va 4 ghé hoic
nhiéu hon, thuét toan t6i vu ciing phai 1 thuét toan “khéng cé nhiing
budc thira”. Ly ludn dé€ loai di nhiing hanh déng thita, ta c6 thé thiy
rang thuit toan toi vu phai gdm nhiing céng doan nhu sau:

- Cong doan 1: Chuyén m miéng phé mat trén ciing (0 < n — 1)
tlt ghé thit nhét sang ghé thtt hai, mat B(m, 4) buéc.

- Cong doan 2: Chuyén n — 1 — m miéng phé mat tiép theo tit ghé
thtt nhét sang ghé thit 3, mat B(n—1—m, 3) budc. (Chu y ring trong
coéng doan 2 nay thi khong dung dudc ghé thit hai vi cé nhitng mién
phé mat nhé hon dit & d6, nén bai toan tré thanh di chuyén véi 3
ghé)

- Céng doan 3: Chuyén mién phé mat to nht sang ghé thit tu,
mét 1 budec.

- Cong doan 4: Chuyén chdéng phé mat tit ghé thi ba sang ghé
thtt tu, mit B(n — 1 — m, 3) budc,
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- Cong doan 5: Chuyén ndt chéng phé mat tit ghé thit hai sang
ghé tht tu, mat B(m, 4) buéc

(Ba cong doan 2-3-4 ¢6 thé gop thanh mot).

TOng cong, ta mit 1 + 2B(m, 4) + 2B(n — 1 —m, 3) = 2B(m,4) +
B(n —m, 3) budc di chuyén, va ta dude cong thiic quy nap:

B(n,4)= min (1+2B(m,4)+2B(n—1-m,3))
0<m<n—1

Cht y ring, v6i mdi n, ta phai chon m tuong tng sao cho téng
B(m,4) + B(n — 1 — m, 3) 1a nhé nhat.

Vi néi chung khi c6 nhiéu ghé thi sé mét it buée di chuyén hon 1a
khi chi 6 it ghé, tiic 13 ta luén c6 B(m,4) < B(m,3) v6i moi m, nén
dé thiy 14 m t6i uu phai thda min diéu kién m > n — 1 — m. Trong
truong hop n = 8 thi m chi 6 thé nhin mét trong 4 kha niing 12 4,5,6
hodc 7. D& so sanh cac kha ning dé, ta phai 14n lai theo quy nap, tinh
ra B(4,4) = 7, B(5,4) = 1+2(B(2,4)+ B(2,3)) = 1+2x (3+3) = 13,
B(7,4) > B(6,4) = 1+ 2(B(3,4) + B(2,3)) = 1 +2 x (5+3) = 17.
T déy ta suy ra d6i v6i n = 8 thi m tbi uu 14 5, va ta c6

B(8,4) =1+2(B(5,4) + B(2,3)) =1+ 2 x (13+3) = 33

Déap sb: Trong trudng hop 8 miéng phé mat va 4 ghé thi thuét
toan tbi vu dung 33 budc.

¢) trudng hop ¢6 11 miéng phé mat phén tich tuong tu, ban doc
thit tu tinh toan.

Ghi chit. Trong sach Nhitng cdu db tu duy va 16-gic xit Canterbury,
Dudeney dua ra mét bang d€ tinh sb buéc ti wu trong cac trudng
hop ma sb ghé 1 k = 3,4, 5, va sb ph6 mat 12 nhiing sb thich hop nao
do.
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Lap mot bang nhu sau: Hang dau tién bao gdm cac s6 tu nhién
lién tiép. Hang tht hai nhan dugdc bang cach cdng téng cac sb tinh tir
s6 diu tién cta hang tha nhit, vidu 1 + 2 + 3 = 6 1 sb thit ba cla
hang thtt hai (cac sb nay c6 dang n; = i(i + 1)/2). Hang tht ba nhén
duoc bing cach coéng téng cac sb tinh tir sb dau tién ctia hang thit hai,
vidu 1+ 3+6 = 1014 sb thtt ba ca hang thi ba. Hang thit tu 1a diy
cac sb c6 dang 2¢ — 1. Hang tiép theo nhén dudc bing cach nhin d6i
s6 phia truée roi cong thém véi sé phia trén, vi du 49 = 17 x 2 + 15
13 s6 tht tu ctia hang nay. Hang cubi cling ciing nhén dudc theo cling
cong thitc quy nap nhu hang th nam.

S6 ghé S6 miéng phé mat

3 1 2 3 4 5 6 7
4 1 3 6 10 15 21 28
5 4 10 20 35 56 84

S6 buéc di chuyén tbi uu
7 15 31 63 127
17 49 129 321 769
5 1 7 31 111 351 1023 2815

Now
=
(92 BN ON]

Bang nay cho ta két qua truc tiép cho trudng hop 3 ghé va sb
miéng phé mat bat ky, trudng hop 4 ghé véi s6 miéng phé mat dang
tam giac (ttic 1a cac s6 n; = i(i + 1)/2), va trudng hop 5 ghé véi sb
miéng phé mat dang hinh chép. Trong nhiing trudng hop nay, c6 thé
chi ra phuong phép t6i vu nhu sau:

Trong trudng hop nhiéu hon 3 ghé: thuit toan dua trén quy nap
va phuong phdp tdch chéng theo nhu cac cong doan ghi phia trén.
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Chang han néu c6 4 ghé va 10 miéng phé mat thi ta 1am nhu sau: Ta
di chuyén 6 miéng ph6 mét ghé thit nhit sang ghé thit hai mat B(6, 4)
budc, rdi di chuyén 4 miéng phé mat con lai tit ghé thit nhit sang ghé
thit tw mit B(4,3) = 1+ 2B(3,3) budc, rdi di chuyén 6 miéng phé
mat tit ghé tht hai sang ghé thit tu, mat thém B(6,4) budc nita, tdng
cong la B(10,4) = 2B(6,4) + B(4,3) = 2 x 17 + 15 = 49 budc.

Cau db 1-3 (Tro choi 31 diém)

Pdy la mdt tro tung dugc cdc tay cd bac dung d cdc truong dua
ngua hay trén tau héa dé moi tién ddn ching. Tuy nhién, bdn thdn né
la mét tro choi khd thil vi, ma cdc ban c6 thé choi véi nhau.

C6 24 qudn bai (tit A=1 dén 6, 4 qudn cho mbi s6) nhu trong hinh
minh hoa, va hai ngudi choi ldn lugt di. Ngudi thit nhdt dp mét qudn
bai xubng, vi du nhu qudn 2, va dém “hai”. Ngudi choi thit 2 iup mot
qudn bai xubng, vi du nhu quan 5, céng sb dé vao sbé trude duge 7, va
néi “bdy”. Ngudi thit nhdt lai ip mot qudn bai xudng, vi du nhu qudn
1, va ndi “edm” (7+1=8). Cit nhu thé, cho dén khi ai ndi dugc sb 31
thi thdng. Con néu khéng cd dugc sb 31 thi ai vuot sb 31 trudc la thua.

Cdu héi & ddy la, dé chién thdng (véi gid stt dbi phuong ctia ban
la ngudi choi rdt gidi), ban phdi di trudc hay nhudng dbi phuong di
trudc, va ding chién thudt nhu thé nao?

Méu chét clia cau db nay 12 “tdng diém mét vong c6 thé liy bang
77, titc 13 mét ngudi di thé nio thi ngudi kia ciing ¢6 thé di sao cho
téng lai dudc 7 diém ... trir khi hét quin. Béi véy, néu ai di trude va
chon quén 3 (d€ con lai 28 diém, bang 4 14n 7) thi sé bi thua: ngudi
di sau sé chon quén 4, va dén luct cudi thi khong con quan 3 dé€ di
nita. Huéng gidi dung 1a: Chon di trude, va di quin 5 dau tién, rdi
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mdi ap dung “chién thuat 7”. Duéi day 1a 16i gidi tron ven ctia ban Ta
Pht Ha Minh (mdt s6 ban khac c6 16i gidi tuong tu nhung trinh bay
dai hon):

DAu tién, ta dinh nghia “quy tic

7 diém” nhu sau: “Quy tac 7 diém” =
~ \ . A b /y A N e O .\ﬁ 0 ’
nghia la khi do6i thu Up 1 quan bai AR
k bat ky, ta sé Gip quén bai 6 gia
tri 7-k d€ tong diém clia quan bai Q ® O &
ta vita ip va quan ctia dbi thii ludn Q ™) o L 4
bing 7. Do 7 la sb 1& nén gia tri
A N > \ A 2 1N 7 O . O *
quan bai cua ta va doi thu la khac O P9 o Py
nhau. 9 o 0 -
bé chac chan chién tl}ang, ta ool [ee) [C0) [¢@
phai di truée va di theo chién thuét
sau: 00 ¢ (00| |v*
- DAu tién, ta up quan 5. Doi Q0| (@@ (00 (#d
o g . A Q ® v ]
phuong sé di t,heo 1 trong 3 chl?n 0ol leel (00 |vw
thuat sau: Néu doi phuong up
quan 6 thi ta tiép tuc Gp quin 6 00| (@@ (0O [#s
va n6i “mudi bay”. Sau d6, do moi 0Ol (@8 (00 &
v ’ 00| @] [00] v

quin bai déu con it nhit 2 quén
nén 4p dung “quy tac 7 diém”, chac
chin ta sé ndi dude cac sb “hai
mudi bén”, “ba muoi mbt” va thing cudc.

- Néu d6i phuong p mét trong cac quan 1,2,3 hodc 4 thi ta chi

7
A

cAn Up quan tiép theo vita du d€ néi dugce sé “mudi”. Do trong trudng
hop nay, mbi quan déu con it nhét 3 14 bai nén ding “quy tic 7 diém”,
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ta sé 1an luot néi dude cac s6 “mudi bay”, “hai muoi bon”, “ba muoi
mét” va thing cude.

- Néu d6i phuong tp quan 5 thi sau méi lan d6, ta déu Gp quan 2.
Do quan 5 chi con 2 quin va 5+5+2+5+2+5+2=26<31 nén chic
chén c6 ltic d6i phuong phai Gp quéin khac. Néu dbi phuong tip quain
khéc khi con quén 5 thi ta e viée choi theo chién thuét chic thing &
2 trudng hop trén thi sé néi duge sb 31. Ngudgc lai, néu dbi phuong
{ip quan bai khéc sau khi cd 4 quan 5 di dugc tp hét thi ta chi viéc

7
A

{ip quan tuong ting d€ néi dudce sb “ba muci mét” 14 di, trir trudng
hop dbi phuong rit quin 6 va tu thua do di vuot sb 31 trude.

Cau db 1-4 (Nhén di tim rudi)

Trong mot cdn phong trong hinh hép chit nhdt cé kich thude 30 ft
chiéu dai, 12 ft chiéu rong va 12 ft chiéu cao,chi ¢ mot con nhén va
mot con rubi. Con nhén ditng & diém giita ctia mot bitc tuong, cdch trdn
1 ft, nhu diém A trén hinh vé, va mét con rudi é bitc tuong dbi dién,
cling & gitta bifc tudng va cdch san nha 1 ft, nhu diém B trong hinh
vé. Pdu la khodng cdch ngdn nhdt ma con nhén phdi bo dé dén duoc vi
tri ctla con rudi khi con rudi ditng yén mét chd? Con nhén khéng dugc
phép nhdy xudng hodc ding mang nhén, ma chi dugc bo. (ft = foot,
don vi do d6 dai ctia Anh, bang 12 inch).

Cau db nay khéng kho, rit tiéc khéng ban nao giti dén 15i gidi
dung.

Y tudng don gian la: dudng ngin nhat phai thing. Nhung tht
nhién dudng thang nbi tit con nhén dén con rudi thi khoéng nim trén
tudng nha, con dudng di theo tudng nha (va trn nha, va san nha) tit
nhén dén rudi thi chi c6 thé 1a dudng gip khic théi chi khéng thing.
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12 f€.

30 {¢.

Tuy nhién, ta c6 thé hinh dung cdc btic tudng nha va trin nha, san
nha nhu 13 cac miéng gidy ctia mét cai vé hop gidy co thé trai phang
ra. Néu dudng di 13 ngin nhéit, thi sau khi trai phing ra, n6 phai tré
thanh dudng thang.
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C6 bbn dudng nbi nhén dén rudi ma tré thanh dudng thang sau
4 cich trai phang "hop gidy" khac nhau. Xem hinh vé. Bay gid ta ¢
thé so sanh d6 dai ctia 4 dudng dé d€ chon dudng ngin nhit. Dap sb:
dudng ngin nhit dai 40 ft.

Cau d6 1-5 (Kén chdng nim 2017)

Pugc biét nit than sian bdn Artemis muén ldy chong, nit than tri
tué Athena lién thdch db nhu sau. Xép 2017 chang trai tudn ti nhdt
ctia Hy Lap thanh mot hang dai. Athena va Artemis choi. Bén lugt mdi
nguoi thi loai di khéi hang hodc la 1 chang, hodc la 2 chang ditng
canh nhau. (Vi du nhu chang sb 5 ditng canh chang sb 6, nhung s6
5 khéng ditng canh sb 7 cho dit s6 6 dd bi loai di). Néu nhu sau mot
lugt di ndo dé ctia Artemis chi con lai diing 1 chang, thi Artemis thdng
va dugc ldy chang dé lam chéong. Athena choi rdt gidi va khéng mubn
Artemis thdng, nhung nhudng cho Artemis chon di trudc hodc di sau.
Héi Artemis phdi chon di trudc hay di sau, va choi nhu thé nao dé chdc
thdng?

DAy 1a mét ciu d6 kha 1a kho, va chua théy ai gti 16i giai dén cho
ciu db nay. Béi vay, ching t6i hodn viée binh luin vé 15i giai, dé cho
ban doc nghi tiép, va treo gidi thuéng 500K VND tién sach Sputnik
cho ban doc nao c6 16i gidi ding dau tién gui dén.

Cac cau do ky nay

Xin moi ban doc gui 16i gidi vé: newsletter@sputnikedu.com .
Thoi han gti 161 gidi: Pén hét thang 02/2017. (C6 thé chi gidi mot
bai ciing dugc). Chil y ghi 16 ho tén, dia chi va sb dién thoai lién lac,

69



16p hoc (néu c6). Nhitng ai c6 16i gidi hay sé dudc tuyén duong trén
Newsletter va dudc ting thudng sach Sputnik.

Ch y: Ban doc c6 thé giti dén 16i gidi ctia nhitng ciu d6 ky trude
ma chua cong bb 15 giai.

Cau db 2-1 (Piém nguyén). Cho mét hinh ngii gidc 16i ABCDE
bt ky trén mit phing v6i mot hé toa dé cho trude, véi cac dinh déu 1a
diém nguyén. (Piém nguyén 1 di€m c6 cac toa d6 déu 1a sb nguyén).
Cac dudng chéo clia hinh ngii gidc nay cit nhau tao thanh mét hinh
ngil gidc nhd A, B,C, D1 E; bén trong. Chitng minh rang hinh ngi
gidc A1B1Cy D1 E; chita it nhit mét diém nguyén & bén trong hodc
trén bién cta no.

Cau db 2-2 (Che vét b4n). Trén mét mit ban phing c6 mot vét &
¢6 duong kinh 5 cm. (Pudng kinh ctia mot hinh 1a khoang cach 16n
nhét giita hai diém ctia hinh d6). Chiing minh ring c6 thé pht kin
vét & d6 bing mot tAm 16t tron 6 ban kinh 3 cm.

Cau db 2-3 (Bai toan xép keo). C6 médt hop keo hinh luc gide déu
mbi canh dai 3 cm, dé€ xép cac vién keo hinh thoi méi canh dai 1cm
va gbc nhon bang /3. (Hinh thoi nay 1a hgp ctia hai hinh tam giac
déu). D& thay c6 thé xép vita khit 27 vién keo vio hop. Bay gid gid st
cac vién keo c6 mét trong 3 mau: tring, xanh, dé. Pat hop sao cho
mot canh clia né nam ngang phia dudi. Cac vién keo mau triang phai
dugc xép sao cho dudng chéo dai ctia né cé huéng thing diing tit
duéi 1én trén, cac vién keo xanh phai xép sao cho dudng chéo dai cia
n6 ¢6 huéng chéch tit trén xubng duéi khi nhin tit trai sang phai, con
cac vién keo dd phai xép sao cho dudng chéo dai ctia né cé huéng
chéch tr dudi 1én trén khi nhin tir trai sang phai (xem hinh vé). Dé
thay c6 thé xép nhu véy véi ding 9 vién keo tring, 9 vién keo xanh
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va 9 vién keo do.

a) Néu sb keo tréng khac 9 (va
t6ng sb keo van 1a 27) thi c6 thé
xép kin hop sao cho diéu kién phia
trén dudc thdéa man khong? (Pua
ra vi du hodc giai thich thoa dang).

b) C6 tng cong bao nhiéu cach
xép keo khac nhau (v6i cac vién

keo trang, xanh, d6) thdéa man diéu
kién trén?

Herry Erneit Dudene v

s’ NHONG CAU DO
% TI DUY VA LOGIG
#0 Ganterbury

o B TIR R A b L ERE P O
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“Biét thém mot ngdn ngit nhu la 6 thém duge mét linh hon” —
Charlemagne

Vé mit truc gidc, hdu nhu ai cling nhin thy ring biét ngoai ngit
thi ¢6 lgi. Tuy nhién, cing c6 nhitng ngudi hoai nghi, cho rang hoc
ngoai ngit c6 thé gy ra cac bat 10i, tha biét tbt mot thit tiéng con
hon biét tdi hai thit tiéng. Ho chi ra ring nhiing ngudi biét hai thi
tiéng thi c6 vbn tit trong ting thit tiéng nhé hon 13 nhitng ngudi chi
n6éi mét thit tiéng. Tham chi, c6 nhitng ngudi con cho ring viéc hoc
ngoai ngtt ¢6 thé din dén tinh trang hén d6n vé tAm ly va bénh tAm
than phén liét. Tuy nhién, cic nghién ctu hién dai cho thiy, ngay vé
miit tri tué va tAm ly, thi nhitng bét loi clia viéc hoc ngoai ngit rit nhd
so v4i nhiing cai Igi ma n6 mang lai.

Cu thé hon, viéc hoc ngoai ngit dem lai nhiing loi ich nio, dén
mitc ndo, cho chiing ta? Liét ké dudc diy di cac ci 10i clia ngoai ngit
khoéng phai dé, va thim chi cé nhitng diém loi sé khién ching ta ngac
nhién vi khéng ngd dén. Béi vay, ching t6i di tim hifu va lam mot
danh sach cac 1gi ich tlr viéc hoc ngoai ngit cho ban doc tham khao.
Mong ban doc gép v d€ 6 thé sita chita va b sung bai viét va danh
sach nay cho tét lén.

Cac ich 16i cho than kinh va stic khoé

* Gitip ndo phdt trién, khoé manh va théng minh lén.

Ngudi hoc ngoai ngit thi cac ving lién quan dén ngdn ngit 6 ndo
phat trién to 1én (xem Mértensson et al.1),2012). Nio cta nhiing
ngudi cé nhiéu ngdn ngit duge vin dong luyén tap nhiéu hon, do ho

Whttp://dx.doi.org/10.1016/j.neuroimage.2012.06.043
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chuyén di chuyén lai lién tuc gifta cac thit tiéng va tim thi tiéng thich
hop cho méi thsi diém, khién cho nio khoé hon va théng minh 1én,
tuong tu nhu 13 cac co bap khi dude luyén tip thudng xuyén (xem
Francis®V, 1999). Su thong minh nay thé hién ra cac linh vuc khac
nhu 1am toan, kha ning giai quyét cac van dé, v.v.

* Tang cuong tri nhd.

Nguoi thudng xuyén dung hai hay nhiéu ngén ngit ciing ¢6 tri
nhé hoat dong (working memory, loai tri nhé trong thdi gian ngan)
16n hon so v6i ngudi chi biét mot ngdn ngit, ddn dén cac kha ning
doc tot hon, tinh nh&dm tbt hon, nhé cac danh sach tét hon, v.v. (Xem
Morales et al.®®, 2013).

* Tang khd ndng tdp trung, quan sdt va multi-tasking.

Nio ctia nhitng ngudi biét ngoai ngit 6 kha ning tip trung va han
ché phén tan tbt hon 14 néu chi biét mot thi tiéng (xem Bialystok &
Craik®, 2010). Do phai chuyén déi giita cdc ngbén ngit nén ho quen
hon véi su chuyén d6i, va do d6 kha ning multi-tasking (doi hoi
chuyén déi lién tuc giita cac viéc) ciing tt hon (xem Gold et al.™,
2013, va “Nghién ctiu tit Pennsylvania State University”®). Do c6 thé
tAp trung va loai bd thong tin nhiéu loan tét hon, nén nhiing ngudi
biét nhiéu thi tiéng ciing c6 kha ning quan sat thé giéi xung quanh
tot hon, theo mét nghién ctiu cta trudng Dai hoc Pompeu Fabra® &
Tay Ban Nha.

Whttp://dx.doi.org/10.1006/jmla.1998.2610
Dhttp://dx.doi.org/10.1016/].jecp.2012.09.002
®http://dx.doi.org/10.1177/0963721409358571
@http://dx.doi.org/10.1523/JNEUROSCI.3837-12.2013
G®http://news.psu.edu/story/160653/2011/02/18/juggling-languages-can-
build-better-brains
®brainglot.upf.edu/index.php?option=com_content&task=view&id=23&Itemid=35
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* Tang khd ndng nghe.

Nhitng ngudi hoc ngoai ngit thi kha ning nghe va nhan biét cac
am thanh va giong néi khac nhau ciing tang 1én, béi ndo phai lam
viée nhiéu hon dé€ phan biét cac loai am thanh. (Xem Krizman et
al.(Y, 2012). Ho ciing dé& phan biét cac thit tiéng nuéc ngoai véi nhau
hon du khéng hiéu cac tiéng d6. Vi du mét ngudi néi duge hai thit
tiéng TAy Ban Nha va Catalan thi d& phén biét su tiéng Anh véi tiéng
Phép hon 13 m6t ngudi chi biét tiéng TAy Ban Nha. (Xem Werker &
Sebastian-Galles®, 2011).

* Gidm khd ndng bi cdc bénh thdn kinh nhu mdt tri va Alzheimer’s.

Theo mot sb nghién ctu y hoc (xem Craik et al.®, 2010), tudi
trung binh ctia nhitng biéu hién mat tri (dementia) du tién & nhiing
ngudi chi biét néi mét thit tiéng 1a 71.4 tudi, con 6 nhitng ngusi néi
dugc hai thit tiéng trd 1én 13 75.5 tudi. Nhu vAy viée biét ngoai ngit
gitip kéo dai d6 tudi minh mén. K& cd dbi véi ngudi da 16n tudi, thi
viéc hoc thém ngoai ngit cling khong thita ma giup tdng su minh
man. C6 ngudi & Viét Nam di hoc tiéng Dtic khi tudi da ngoai 80,
nhiing ngudi khong hiéu thi dém pha 14 “ham thé, hoc d€ xubng 4m
phti néi chuyén véi Marx &”, nhung ngudi ndy rat minh min cho dén
tAn ngay cubi ddi 6 tudi ngoai 90.

Cac lgi ich trong cudc song va cong viéc

* Ty tin hon va quyét dinh tbt hon

Whttp://dx.doi.org/10.1073/pnas.1201575109
Dhttp://www.eurekalert.org/pub_releases/2011-02/uobc-iri021711.php
®http://dx.doi.org/10.1212/WNL.0b013e3181fc2alc
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Mot nghién citu clia trudng PH Chicago™® cho thiy nhiing ngusi
néi hai thit tiéng c6 kha ning dua ra cic quyét dinh diing din (ratio-
nal) hon 13 nhitng ngudi chi biét mét thi tiéng. Mot nghién ctiu cia
truong Pennsylvania State University (da gidi thiéu phia trén) cho
thiy, trong mét coéng viée thudng ngay nhu 13 1ai xe 6 t6, ngudi biét
ngoai ngit cling pham it 16i hon 14 ngudi khong biét ngoai ngit.

* Két ban quc té, di du lich nudc ngodi, v.v.

Biét ngoai ngit thi sé dé dang c6 ban bé ngudi nuéc ngoai, tha vi
hon 14 néu chi ¢6 ban bé cliing nuée. Va khi di du lich, néu biét tiéng
hay c6 ban é noi dén thi chuyén di sé thuén lgi va hip din hon.

Mot cach tot nhét dé c6 dude ban than ngusi nude ngoai 13 biét
tiéng me dé cta ho. Nhu Nelson Mandela di ting néi: “Khi anh néi
bing thit tiéng ngudi ta hiéu dude, thi diéu anh néi di dén duoc cai
diu ctia ngudi ta. Khi anh néi bing tiéng me dé ctia ngudi ta, thi diéu
anh néi di dén dugc trai tim ngudi ta”.

* Ting khd ndng giao tiép.

Khong nhiing 13 giao tiép bing tiéng nudc ngoai, ma kha ning
dién dat trinh bay trong chinh tiéng me dé ciing c6 thé ting 1én, sang
stia va dé hiéu hon.

* Tang cd hoi thuong mai.

Tuy ring, theo du doan, trong miy chuc nim nita c6 dén 1/2 dan
s6 thé gi6i sé no6i thao tiéng Anh, va nhu vy di dau ciing chi cin biét
tiéng Anh (du d6 13 tiéng me dé hay tiéng nuéc ngoai) 1a “tdn tai”
dugc, nhung khi mubén mét ngudi nuée nio dé mua db ctia minh thi
viéc biét tiéng clia nudc d6 van 1a mot loi thé 16n. Bdi ngudi ta cb

Whttp://www.businessinsider.com/bilingual-people-make-better-financial-
choices-2012-4
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thé dung tiéng Anh trong cong viéc va giao tiép, nhung khi “hudng
thu” thi ngudi ta vin quen su dung thi tiéng than thudc nhat dbi
v6i ngudi ta hon, thit tiéng dem lai cdm gidc gin giii hon. Dbi véi
ngudi Viét Nam, viéc cin biét tiéng Anh 13 “khong thé tranh khoi”
néu mubn vuon ra thé gi6i, nhung biét thém mét thit tiéng khac nita
van sé dem lai i thé rét 16n.

* Pdm bdo cho céng viéc va tang thu nhdp.

Ngay cang c6 nhiéu cong viéc doi hoéi phai biét ngoai ngit, nén
viée biét ngoai ngit sé 1a mét trong cac yéu t6 nham diam bio céng
viéc va tang thu nhap. Vi du nhu trong khoa hoc va céng nghé hién
nay, néu khong biét tiéng Anh thi rit khé 1am nghién citu, vi phin
16n cac tai liéu quan trong va cac hdi thio qudc té 14 bing tiéng Anh.
Ngudi biét tiéng nuée ngoai ¢ thu nhép trung binh cao hon 13 ngudi
khong biét. Vi du, theo mot thdng ké cia nha kinh té hoc Albert Saiz
& MIT, dbi v6i ngusi My thi viéc biét thém tiéng Diic 1am ting thu
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nhép trung binh 1én 3,8% 1. Su chénh 1éch d6, néu tinh cd mot doi
1am viéc, 1én dén hang trim nghin d6 la mot ngudi.

* Khd ndng sinh sbng é nudc ngodi.

Kha ning ra nudc ngoai sinh séng ctia mét ngudi trung binh tit
nhién 13 thip théi. Nhung viéc biét tiéng nudc ngoai 1am ting kha
ning lua chon, vi sé dé dang ra nudc ngoai sébng va thich nghi véi
cudc séng & d6 hon néu mubn.

Cac lgi ich vé van hoa va xa hoi

* Hiéu tot hon tiéng me dé.

Thi hao Goethe c¢6 ciu phat ngén néi tiéng: “Ai khong biét gi
vé tiéng nudc ngodi thi ciing khong biét tiéng ctia chinh minh“. (Wer
fremde Sprachen nicht kennt, weiss nichts von seiner eigenen). Hoc
ngoai ngit gitip ngudi ta c6 cai d€ ma so sanh vé tit vung va ngit phap,
tt 6 hiéu thém ngdn ngit diu tién ctia minh. Vi du, ngay trong tiéng
Viét, c6 rat nhiéu tit gbc Han hay gbc Phap hay gan diy hon 1a nhap
kh&u tit tiéng Anh, ma nhiing ngudi khong biét ngoai ngit sé it nhin
ra va do d6 c6 thé sé khong hi€u thiu nghia cta ching.

* Cita sb mé ra nhitng nén vin hod mdi.

Ngudi ta ¢6 cAu “Biét mot ngoai ngit thi trinh d6 cao lén mét cdi
ddu” (hay 13 “nhu c6 thém mét cdi ddu”). Néu khong biét ngoai ngit
thi cfing kho tiép cin cac su tinh tuy cta vin hoé ctia nhén loai & cac
nude khéac. Bit ddng ngdn ngit 13 mot trong cc rio can cho viée giao
Iuu van hoa va truyén b4 cac tién bé (vin hod, tu tudng, khoa hoc,
cong nghé, v.v.) tt nude nay sang nudc khac.

Wxem http://www.economist.com/blogs/prospero/2014/03/language-study
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* Poc/nghe dugc bdn gbc tiéng nudc ngodi.

Ngudi Phap c6 ciu “traduire, c’est trahir” (“dich titc 1a phan boi”).
M6t ban dich du tbt dén mdy ciing it nhiéu c6 nhiing chb “phan boi”
lai ndi dung ctia ban gbc, vi c6 nhiéu thit rit khé ¢ thé dich ma
truyén tai ding dugc moi y ti sang mét thit tiéng khac. Hon nita, &
Viét Nam, rat nhiéu sach tiéng nudc ngoai khi dich sang tiéng Viét thi
sai trAm trong nhiéu chd, chét lugng dich rit kém, nén néu chi doc
cac ban dich dé6 thi sé bi hiéu sai nhiéu diéu.

* C6 thém cdch nhin khdc vé moi thit.

Bdi vi vin hod va thé giéi quan gin lién v6i ngdn ngilt, nén viéc
viét thém mot th tiéng méi cling 1am ting cudng thé gi6i quan. Vi
du nhu trong tiéng Nhét cé hai tit co s6 khac nhau cho mau xanh
thAm (dark blue) va mau xanh nhat (light blue), va do d6 ngudi hoc
tiéng Nhat sé c6 dude thém cach nhinh khac vé cac mau sic. (Xem
thanasopoulos et al.(), 2010)

* Gidm thiéu sai lam, ngd nhdn dan dén tit viéc khong hiéu tiéng.

Trong quan hé quéc té, viéc c6 thé hi€u mét cach chinh x4c cac
¥ cia nhau 13 rit quan trong. Ngudi ta néi rdng qua bom nguyén ti
thtt hai ném xudng Nhét Ban 14 do mét 16i dich sai khién My hiéu
nhim ¥ néi cia Nhit. Khong biét diéu d6 c6 thit hay khong, nhung
chic chin ring néu xo4 bd dugc cac su hiéu nham do dich sai dem
lai thi thé gi6i sé tranh dudc rit nhiéu phién phitc. Ngudi A Rap ¢
cAu ngan ngit: “Hdy hoc thém mot thit tiéng, d¢ trdnh dugc mét cudc
chién tranh“. Biét ngoai ngit ciing 12 liéu thube chéng lai cac tu tudng
ky thi (nhu ky thi ngusi nuée ngoai, ky thi chiing toc, v.v.)

Whttp://dx.doi.org/10.1017/51366728909990046
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Cac ban tim doc:

B0 sach Van hoc Song ngir Anh-Viét Sputnik

D€ nhim gbép phan “x6a nan mu chit tiéng Anh”, Sputnik Educa-
tion lam bo sach van hoc song ngit Anh-Viét, chon lon va bién soan
cin than theo céc tiéu chi sau:

* Sach néi tiéng 1a hay, chi cAn doc riéng ban tiéng Anh hay
riéng ban tiéng Viét ciing thiy thi vi, c6 thé doc di doc lai miy 14n
ma khéng thiy nham chén.

* Ban dich tiéng Viét hay va chinh xac, sat nghia v6i ban gbc
tiéng Anh dén tling cAu, tiing cum tit mot. Néu khong hiéu nghia cta
cum tif ndo trong ban tiéng Anh, ngudi doc ¢6 thé dbi chiéu véi ban
dich d€ luan ra nghia ctia cum tit méi dé.

* Thich hop, tién 16i cho viéc hoc tiéng Anh. Ngbn ngit tuong
d6i hién dai va dé& hifu, va dic biét 1a ¢6 audio tiéng Anh giong chudn
trén internet dé vita doc vita nghe tiéng Anh.

Walsar Crane va Couccu Hibau

The ngy ngon AESOP

SONG MGLU ANH - VIET
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Vao thai diém 02/2017, bd sach song ngit Sputnik cé 5 quyén, hop
v6i moi lta tudi (xem gi6i thiéu chi tiét trén http://sputnikedu.com/):
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S021. Walter Crane & Coucou Hibou, Tho ngu ngon Aesop song
ngit Anh-Viét. Sach in mau, khoang 140 trang, gia bia 65K.

S023. Beatrix Potter, Peter Rabbit and friends — Tho Peter va cdc
ban. (bic biét thich hop v6i lita tudi thiéu nhi). Sach in mau, khoang
140 trang, gia bia 65K.

$025. Antoine de Saint Exupéry, The little prince — Hoang tir bé.
Sach in mau, gan 180 trang, gia bia 72K.

S028. Frank Baum, The wonderful wizard of Oz - Phap su’ siéu
pham xit Oz, Phan 1. Sach in den tring, khodng 165 trang, gia bia
50K.

S$029. Frank Baum, The wonderful wizard of Oz - Phap su siéu
pham xit Oz, Phdn 2. S4ch in den tring, khodng 165 trang, gia bia

S0K.

Frank Baum Antoine ds Salnt Exupéry
ge Bick -1 Vas Bomg dh I et gpdn T Vg

'I'IWIIIWON []H?H_'l 1'-j]Z.-\RD (OFOZ iy
Obap o i phm md ] ey

Song ngd Anh - Vidy)
Pl sieh Byutaik, of 629

Noanglirbe
~ ~

L

ST s mah im0 G0 o ik an

Ngoai ra, con nhiéu sach khac dang hoan thanh, trong dé cé:
Baba Yaga va cac chuyén dan gian Nga (Baba Yaga and the Russian
Folk Tales); Nudc Oz ky diéu (The Land of Oz), Bi mat déi tra va dai
sb (Secrets Lies and Algebra), Nhiing tAm long cao ca (The heart of
a boy - Cuore), Truyén c6 tich Perrault, v.v.
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Hoc tiéng anh cung Phap su
xu Oz: Str ti>Nhdt

Muc truyén song ngit d€ hoc tiéng Anh 14n nay 1a Chuong 6 cta
quyén sach The wonderful wizard of Oz — Phdp su siéu pham xit Oz
clia tac gia My néi tiéng Frank Baum. Cac truyén vé xit Oz clia 6ng
mé ra mét thé 1oai truyén than thoai méi trong vin hoc hién dai.

Trong cac chuong trude, co bé Dorothy cung v6i cha ché Toto bi
gi6 cubn dén xi Oz, trén dudng di tim gip Phéap su xi Oz theo con
dudng 1at\gach mau \ving d€ nhd Phép su gitp trd vé nha, di thu
thap dugc hai ngudi ban/dudng 13 Bu Nhin Rom va Thg Ring Thiéc.
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All this time Dorothy and her
companions had been walking
through the thick woods. The
road was still paved with yellow
brick, but these were much cov-
ered by dried branches and dead
leaves from the trees, and the

walking was not at all good.

There were few birds in this
part of the forest, for birds love
the open country where there is
plenty of sunshine. But now and
then there came a deep growl
from some wild animal hidden

among the trees.
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Subt thoi gian nay, Dorothy
va cic ban déng hanh di xuyén
qua ring rdm. Con dudng van
dugc lat bang nhiing vién gach
vang, nhung ching pht diy canh
kho 14 rung tit d4m cAy cbi khién
cho viéc di qua khong dé chut
nao.

Quing ring nay ching cé
nhiéu chim chéc, vi chim chi
thich nhitng mién thodng ding
ngdp tran anh ning. Nhung
thinh thoang lai cé nhiing tiéng
gdm trAm trAm cta con thu
hoang niao dé nip gifta nhiing
bui cay.



These sounds made the little
girl’s heart beat fast, for she did
not know what made them; but
Toto knew, and he walked close
to Dorothy’s side, and did not
even bark in return.

“How long will it be,” the
child asked of the Tin Woodman,
“before we are out of the forest?”

“I cannot tell,” was the an-
swer, “for I have never been to
the Emerald City. But my fa-
ther went there once, when I
was a boy, and he said it was
a long journey through a dan-
gerous country, although nearer
to the city where Oz dwells the
country is beautiful. But I am not
afraid so long as I have my oil-
can, and nothing can hurt the
Scarecrow, while you bear upon
your forehead the mark of the
Good Witch’s kiss, and that will
protect you from harm.”

“But Toto!” said the girl anx-
iously. “What will protect him?”
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Nhitng 4m d6 khién trai tim
c6 gai bé nhé dap nhanh, vi co
khong biét d6 13 tiéng gi. Nhung
Toto thi biét, nén né budce sat vao
Dorothy, va thdm chi khong sta
lai.

“Con bao lau nira chung ta
méi ra duge khdi riing?”, c6 bé
héi Tho Ring Thiéc.

“Toi khong biét, vi toi di dén
thanh phb Ngoc Luc Bao bao git
d4u. Nhung bb t6i da ting dén
d6 khi téi con nhd, va bb i
néi dé 1a mét chuyén di dai qua
nhiing ving dit nguy hiém, tuy
rang khi dén gin thanh phé noi
Oz sdng thi d4t nuéc lai tuci dep.
Nhung t6i khoéng sg, mién 13 toi
¢6 can dau, va khong gl ¢ thé
lam Bu Nhin dau, con c6 thi da
¢6 nu héon cta phi thay tot bung
trén tran dé€ bao vé c6 khéi bi tén
hai.”

“Nhung con Toto!”, c6 bé lo

lang ndi. “Céi gi sé bao vé n6?”



“We must protect him our-
selves if he is in danger,” replied
the Tin Woodman.

Just as he spoke there came
from the forest a terrible roar,
and the next moment a great

Lion bounded into the road.

With one blow of his paw he
sent the Scarecrow spinning over
and over to the edge of the road,
and then he struck at the Tin

Woodman with his sharp claws.

But, to the Lion’s surprise,
he could make no impression”
on the tin, although the Wood-
man fell over in the road and lay
still. Little Toto, now that he had
an enemy to face, ran barking
toward the Lion, and the great
beast had opened his mouth to
bite the dog, when Dorothy, fear-
ing Toto would be killed, and
heedless of danger, rushed for-
ward and slapped the Lion upon
his nose as hard as she could,
while she cried out:

“Chiing ta phai bao vé né néu
né gip nguy hiém”, Tho Rung
Thiéc dap.

Ngay ltac do, tu trong ring
vang 1én mot tiéng gdm khing
khiép, rdi 14p tlic mot con Su ti
to tuéng xo6ng ra duong.

Bang mot ¢t va, né lam cho
anh Bl nhin bin lin quay nhiéu
vong ra mép dudng, rdi né danh
anh Tho ring Thiéc bing nhiing
chiéc vubt sic.

Nhung Su t& ngac nhién khi
thdy né ching tao duoc vét tich
gi lén mat thiéc, du anh Tho
Ring ngid lin ra bit déng trén
dudng. Toto bé nhé, lic nay phai
dbi mit véi ké thi, lién sta va lao
t6i su tir. Con thu 16n ha miéng
ra chuc cin con chd, thi ngay ltc
d6 Dorothy so Toto sé bi giét mat
lién bat chit nguy hiém lao t6i
14y hét stic tat that manh vao mii

con Su tu trong ltc ¢d thét 1én:

Dimpression: diu vét, ddu hin; 4n tuong, cdm tudng; su in 4n, 14n hién thi.
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“ You ought to be ashamed of yourself!” / ——
2 q
“Mi phai tu liy 1am hé then chi!”



“Don’t you dare to bite Toto!
You ought to be ashamed of
yourself, a big beast like you, to

'77

bite a poor little dog

“I didn’t bite him,” said the
Lion, as he rubbed his nose with
his paw where Dorothy had hit
it.

“No, but you tried to,” she re-
torted. “You are nothing but a big
coward.”

“I know it,” said the Lion,
hanging his head in shame. “I've
always known it. But how can I
help it?”

“I don’t know, I'm sure. To
think of your striking a stuffed
man, like the poor Scarecrow!”

“Is he stuffed?” asked the
Lion in surprise, as he watched
her pick up the Scarecrow and
set him upon his feet, while she

patted him into shape again.

“Of course he’s stuffed,”
replied Dorothy, who was still

angry.
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“Mi dam cin Toto a! Mi phai
tu 1y 1am hé then chi, d6 to xac
nhu thé ma lai di cin mét con
cho6 nho dang thuong!”

“Téi d& cén né dau”, Su tlt
néi, 14y vubt gii gdi chd mii bi
Dorothy danh.

“Chua cin, nhung mi di toan
1am diéu d6,” ¢6 vian lai. “Mi chi
13 d6 hén to xac.”

“T6i biét”, Su Tit no6i, guc dau
xubng x4u hé. “Toi ludn biét thé.
Nhung t6i phai 1am sao dé sira?”

“Ta khong biét dau. Nghi
xem, mi con danh cd mot ngudi
nhdi rom t6i nghiép nhu Bu
Nhin!”

“Anh ta dugc nhoi rom a?” Su
Ta ngac nhién héi khi né quan
sat Dorothy kéo Bu Nhin ding
1én trén hai chin va vb cho anh

ta vé hinh dang cil.

“Tat nhién la nhoi rom roi”,
Dorothy tra 16i, van con téc gian.



“That’'s why he went over
so easily,” remarked the Lion.
“It astonished me to see him
whirl around so. Is the other one
stuffed also?”

“No,” said Dorothy, “he’s
made of tin.” And she helped the
Woodman up again.

“That’s
blunted my claws,” said the Lion.

why he nearly
“When they scratched against
the tin it made a cold shiver run
down my back. What is that little

animal you are so tender of?”

“He is my dog, Toto,” an-
swered Dorothy.

“Is he made of tin,
stuffed?” asked the Lion.

or

“Neither. He’s a—a-a meat

dog,” said the girl.

“Oh! He’s a curious animal
and seems remarkably small,
now that I look at him. No one
would think of biting such a little
thing, except a coward like me,”

continued the Lion sadly.
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“Thao nao anh ta nga lin ra
dé thé,” Su Tit nhan xét. Toi da
rit ngac nhién khi thiy anh ta
quay tit nhu vdy. Con anh kia

cling nhoi rom a?

“Khong,” Dorothy noi, “Anh
4y 1am béng thiéc”. VA cb gitp
Thg Rung diing day.

“Bao sao suyt nita anh ta lam
ctin hét vubt cha t6i,” Su ti néi.
“Khi cio vao thiéc, toi thdy 6n
lanh hét ca sbng lung. Thé con
con vat nhé ma c6 ning niu la
con gi?”

“pé 1a con ché Toto cla to61”,
Dorothy tra 16i.

“N6 bing thiéc hay 13 nhdi
rom?” Su tt hoi.

“Khéng hé, n6é 1a mot con
ché bang xuong bang thit”, ¢ bé
dap.

“6, no6 la mot con vat ky la, va
kha 14 nhé con, git t6i méi thiy.
Khong ai c6 thé nghi dén chuyén
can mét con vat bé nhé nhu vy,
ngoai trit ké hén nhat nhu toi”,
Su Ta budn ba néi tiép.



“What makes you a coward?”
asked Dorothy, looking at the
great beast in wonder, for he was

as big as a small horse.

“It’s a mystery,” replied the
Lion. “I suppose I was born that
way. All the other animals in
the forest naturally expect me to
be brave, for the Lion is every-
where thought to be the King of
Beasts(V,

I learned that if I roared very
loudly every living thing was
frightened and got out of my
way. Whenever I've met a man
I've been awfully scared; but I
just roared at him, and he has al-
ways run away as fast as he could

go.

If the elephants and the tigers
and the bears had ever tried
to fight me, I should have run
myself-I'm such a coward; but
just as soon as they hear me roar
they all try to get away from me,

and of course I let them go.”

“Cai gi khién anh hén nhat?”,
Dorothy hoi, ngac nhién nhin
con vt 16n, vi n6 to xac nhu mot
con ngua nho.

“p6 1a mot diéu bi 4n,” Su
T trd 10i. “To6i cho rang t6i sinh
ra da thé rdi. Tt ca cac loai vat
khac trong ring déu cho rang toi
rat diing cam, bdi vi  dau ngudi
ta cling coi Su T la Chuaa son
lam.

Toi thiy t6i ¢t gdm 1én that
to 1 moi sinh vét déu hoang loan
va chay xa. BAt ct khi ndo t6i gip
mot con ngudi la toéi la vo cung
s¢ hai; nhung t6i chi cAn gam lén
v6i anh ta 13 anh ta sé chay bién
ngay lap ttc.

Néu ma bon voi, hé va giu
dinh danh t6i thi toi sé bd chay
nhu mot ké hén nhat, nhung vira
nghe thiy t6i gAm 1én mot tiéng
13 tAt cd bon ching tim cach
tranh xa toi roi, va tit nhién t6i

dé€ chting chay di.”

WKing of Beasts: vua clia cac loai thu, chtia son 1am.
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“But that isn’t right. The King
of Beasts shouldn’t be a coward,”
said the Scarecrow.

“I know it,” returned the
Lion, wiping a tear from his eye
with the tip of his tail. “It is
my great sorrow, and makes my
life very unhappy. But whenever
there is danger, my heart begins
to beat fast.”

“Perhaps you have heart dis-
ease,” said the Tin Woodman.

“It may be,” said the Lion.

“Nhung nhu thé 13 khéng
ding. Chta son 1am khong thé
hén nhat nhu thé,” Bu Nhin néi.

“Toi biét,” Su Tt tra 16 va 14y
chdm dudi gat nuéc mit. “Diy
14 ndi budn rat 16n cla toi, va
diéu d6 1am cho cudc doi toi that
bat hanh. Nhung ma ct gip nguy
hiém 12 tim t6i lai d4p loan dén.”

“Co 1€ cau bi bénh tim,” Thg
Ring Thiéc néi.

“Cé thé nhu vay,” Su Td noi.
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“If you have,” continued the
Tin Woodman, “you ought to be
glad, for it proves you have a
heart. For my part, I have no
heart; so I cannot have heart dis-

ease.”

“Perhaps,” said the Lion
thoughtfully, “if I had no heart

I should not be a coward.”

“Have you brains?” asked the

Scarecrow.

“I suppose so. I've never

looked to see,” replied the Lion.

“I am going to the Great Oz
to ask him to give me some,” re-
marked the Scarecrow, “for my

head is stuffed with straw.”

‘And I am going to ask him to
give me a heart,” said the Wood-

marn.

“And I am going to ask him
to send Toto and me back to
Kansas,” added Dorothy.

“Do you think Oz could give
me courage?” asked the Cow-

ardly Lion.
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“Néu c4u bi bénh tim thi ciu
nén mung,” Tho Rung Thiée tiép
tuc, “vi n6 chiing t6 ciu cé trai
tim. T6i chang c6 tim nén chang
thé bi bénh tim.”

“C6 18 vay,” Su tt trAm ngam,
“néu t6i khong cé tim thi t6i da
chéng hén nhat.”

“Thé anh c6 ndo khong?” Bu
Nhin hoi.

“Toi nghi la c6. Toi chua bao
gid xem no ra sao,” Su T tra 16i.

“T6i dang di dén chd Oz Vi
dai d€ xin ngai ban cho it nio,”
Bu Nhin tim su. “Bdi diu toi
dugc nhdi toan rom.”

“Con tbi sé xin 6ng ay mot
trai tim,” Thg Ring noi.

“Con t6i sé xin 6ng dy dua tbi
va Toto tré vé Kansas,” Dorothy
thém vao.

“Cac ban c6 nghi la 6ng ay

sé ban cho t6i long diing cam
khéng?” Su T Nhat hoi.



‘Just as easily as he could
give me brains,” said the Scare-

Crow.

“Or give me a heart,” said the
Tin Woodman.

“Or send me back to Kansas,”
said Dorothy.

“Then, if you don’t mind,
I'll go with you,” said the Lion,
“for my life is simply unbearable
without a bit of courage.”

“You will be very welcome,”
answered Dorothy, “for you will
help to keep away the other wild
beasts. It seems to me they must
be more cowardly than you are if
they allow you to scare them so

easily.”

“They really are,” said the
Lion, “but that doesn’t make me
any braver, and as long as I know
myself to be a coward I shall be

unhappy.”
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“Thi cling don gian nhu viéc
cho t6i ndo”, Bu Nhin noi.

“Hay nhu cho t6i trai tim”,
Tho Riing Thiée noéi.

“Hay nhu dua t6i vé Kansas”,
Dorothy dap.

“Viy thi néu cac ban khéng
phién long,
ban,” Su T& néi, “t6i khong thé

. A A A A A
chiu n6i mot cude song thiéu su

toi sé di cung cac

can ddm.”

“R4t hoan ngénh anh nhép
héi”, Dorothy tra 16i, “Anh sé bao
vé ching t6i khoi cac loai thu
hoang khac. To6i thiy c6 vé nhu
chtng con hen nhat hon anh, vi
anh c6 thé doa chiing mét cach
dé dang.”

“Chung so t6i that ma,” Su Tt
néi, “nhung diéu dé ching lam
t6i diing cAm hon, va ct nghi dén
viéc toi rat hén nhat 13 t6i lai thdy

buon.”



So once more the little com-
pany set off upon the journey,
the Lion walking with stately™
strides at Dorothy’s side.

Toto did not approve of this
new comrade at first, for he
could not forget how nearly he
had been crushed between the
Lion’s great jaws. But after a
time he became more at ease,
and presently Toto and the Cow-
ardly Lion had grown to be good
friends.

During the rest of that day
there was no other adventure
to mar the peace of their jour-
ney. Once, indeed, the Tin Wood-
man stepped upon a beetle that
was crawling along the road, and
killed the poor little thing. This
made the Tin Woodman very un-
happy, for he was always careful
not to hurt any living creature;
and as he walked along he wept
several tears of sorrow and re-

gret.

Wstately: oai vé, trinh trong.
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Vay 13 mét 1an nita nhém ban
lai khéi hanh, Su Ti sai buGe oai
vé bén Dorothy.

Ban diu Toto khéng chip
nhin ngudi ban méi nay, bdi vi
né chua thé quén chuyén né da
suyt bi nghién nat gifta hai ham
ring 16n cta Su T nhu thé nio.
Nhung din din né ciing thay
thodi mai hon, va ching miy
chbc Toto va Su Tit Nhat da tré
thanh ban tot.

Subt phan con lai clia ngay
hém dé, khéng cé bién cb nao
lam can tré cudc hanh trinh suén
sé ctia ho. Thuc ra c6 moét lan
Tho Ring Thiéc ddm chan 1én
mét con bo canh cing va giét
chét con con vt nhd bé dang
thuong. Diéu nay lam cho anh
ta rAt budn, bdi anh ta lubn cin
than dé€ khong 1am t6n hai bat cit
sinh vat nao. Anh ta vua di via
gat nhiing giot nuéc mit budn

phién va an han.



These tears ran slowly down
his face and over the hinges of
his jaw, and there they rusted.
When Dorothy presently asked
him a question the Tin Woodman
could not open his mouth, for
his jaws were tightly rusted to-
gether. He became greatly fright-
ened at this and made many mo-
tions to Dorothy to relieve him,
but she could not understand.

The Lion was also puzzled
to know what was wrong. But
the Scarecrow seized the oil-can
from Dorothy’s basket and oiled
the Woodman’s jaws, so that af-
ter a few moments he could talk

as well as before.

“This will serve me a lesson,”
said he, “to look where I step.
For if I should kill another bug or
beetle I should surely cry again,
and crying rusts my jaws so that
I cannot speak.”
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Nhitng giot nudc mat lin dai
trén méit va cac khép ndi 6 ham
khién ching hoen ri. Khi Dorothy
hdi anh ta mot cdu, Thg Ring
Thiéc khéng thé mé miéng béi
hai ham ctia anh ta da dinh chat
vao nhau do bi gi. Anh ta vb
cling hoang so va cubng cudng
ctt déng ra hiéu cho Dorothy ctiu
gitip, nhung c6 bé khong hiéu.

Su tt cling bbi rdi khéng hiéu
chuyén gi xay ra. Nhung Bu Nhin
da tam lay can diu ti trong gid
ctia Dorothy va tra diu vao ham
cta Thg Rung, nén mot lat sau
anh ta da néi dugc trd lai.

“Pay la moét bai hoc cho t6i,”
anh ta ndi, “phai nhin dudng
khi buée. BSi néu t6i lai gidm
chét mot con bo canh cing hoic
con bo khac, chic chin tdi sé lai
khéc, ma khoc 1a ham téi sé bi ri,
toi s€ khong noi dugc.”



Thereafter he walked very
carefully, with his eyes on the
road, and when he saw a tiny ant
toiling™” by he would step over
it, so as not to harm it. The Tin
Woodman knew very well he had
no heart, and therefore he took
great care never to be cruel or
unkind to anything.

Tit sau do, anh ta di rit cAn
than, mat ldc nio ciing nhin
duong, va khi thy mét con kién
nho6 xiu dang lao dong, anh ta
budc qua dé€ khong lam hai no.
Tho Ring Thiéc biét ring anh
ta khong c6 tim, vi thé anh ta
rat cAn thin d€ khéi tré nén tan
nhan hay ddc ac v6i bét cit cai gi.

Mto toil: 1am viée cuc nhoc; di mdt cach mét nhoc.

96



“You people with hearts,” he
said, “have something to guide
you, and need never do wrong;
but I have no heart, and so I must
be very careful. When Oz gives
me a heart of course I needn’t

mind so much.”

“Cac ban c6 trai tim”, anh ta
noéi, “la c6 cai d€ din dit ban
than khéng bao gio lam diéu sai
trai. Nhung t6i khong c6 tim nén
t6i phai rit cAn trong. Khi Oz cho
t6i mot trai tim, tAt nhién toi sé
khong cin phai chd ¥ qua nhiéu

7

nia.

Ban doc c6 thé nghe audio tiéng Anh ctia truyén nay trén youtube

tai dia chi: https://www.youtube.com/watch?v=jYlaUmnGLj4
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Chagall va ga trong

Marc Chagall (1887-1985) 1a mét trong nhiing hoa si gbc nuéc
ngoai 1ap nghiép tai Phap ndi tiéng nhAt, sanh vai véi Pablo Picasso.
Ong sinh ra tai lang Liozna gin Vitebsk & Bielorussia, v6i tén khai
sinh la Moiche Zakharovitch Chagalov, sang Phap trong giai doan
1910-1914, r6i trd vé Nga, rdi quay lai Phap dinh cu tit nim 1922.

Trong rat nhiéu tranh vé ctia 6ng xuit hién cht ga tréng. Ga tréng
& day cht yéu mang tinh chit biéu tuong: né biéu tuong cho nude
Phép clia tu do, binh ddng va bdc di. Ga tréng cta Chagall vita c6 tac
dung che chd (trong mot con ga c6 hai ngudi hon nhau), vita dé cudi,
vira la nhac si, v.v,, tom lai 1a con ga van nang. Chagall hay dung mau
¢S Phap xanh lam - tring - dé d€ t6 mau ga tréng cta minh.

Nhén dip nidm con ga, “ndm tudi” clia nudc Phap, xin gidi thiéu
v6i ban doc, rai rac trong s6 bao nay, mét vai biic tranh trong sb nhiéu
btic tranh ga tréng clia Chagall. (Tranh trang nhét: Thap Eiffel va ga
tréng). Cam on nha vin Doan Anh Thuin di goi y muc nay!

Ban doc d€ ¥ sé thiy c6 mot sb bic tranh 13 bién dang ctia nhau.
Th thuét bién dang (tuong tu nhu truéc nhung khéc di) duge dung
phé bién khéng chi trong toan hoc, ma trong ca nghé thuét!
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